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ELEMENTORVM
TETRAGONISMICORVM
LIBER W
Aé_[é/zftam cirmli,/yjperéa[ﬁ
€9 r_e[z'qmmm inde peﬂdefz'
tinmquadraturd affequens.
PREFATIO.

2 V £ in anteceden-
tibus quatuor Li
bris 2 nobis inuen-

1 3 ]
‘5& ta {unt, eadum de

&4

—

retur,{ola & per fe fufficere puta
runt ao&i fimul & amici viri - ad
hoe vt nonnullo operz noftr®

cditione ifti age: |
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Elementorum Liber V. 7501
Prétio & Mathefeosineremento,
€tiant {¢orfum vulgaréntur, quid-
quid 4lijsiinuentis noftris, quo-
Tum causd [empermerucbamusy
‘Cueniret.! fHac“p’Ub‘lic‘g‘e vtilitatis
PerfuafioneaddudiTypographo
Tucubrationes iftas | tradidimus;
fed dumn: dijagfém-’mata'cup'rd HnE
<iduntar ; prelo cuduntur, cate-
Tique abfoluuntur; bienninm cft;
tam {egnes operarum’moras no-

isnequicquam culpantibus. In-
terea verdicum edenda diligen-
tiis recognofceremus,corum or-
dinem &odifpofivionem in qui-
bufdam immutanda cenfuimus,
Vtiam auétior,{i non'rerum jcerie
!‘ibroru&n numerus prodeat, qua
In prolegomenis’ deftinaucra-

-.mus, Atque vefilentioiftudnon
diffimylenyis, nibil ferme abfuic

quin ibrum prmfcntcm tanquam
ab ortivum perpetua obliuionis




502  Tetragonifmicoram
tumulo conderemus, nifi cum
emortuum efferremus, nouus ¢!
vite halitus fubitd inditus ap-
paruiflet - quo fit ve tanto cariof
nobis fir,quantd caftz matri {ua
uior accidit reftaurata exanimati
{fummifque propterea doloribus
parti foetiis vira.Hic quoque, Ler
&or,numeros adhibitos inuenies
planéqueagnofces fine illis nihil
in praefenti negotio nifi vago
quodam & ipgrato demonftran:

di genere pofle definiri, |
Prorositro I

Si ex cuinfuis parallelogram-
mi abed angulo quolibet b i
latera oppofita ad,d e demittan”
tur perpcndxculares bc,b f; dico
vtbcre&aad bf,ita flcba re&ﬂ
adbe. Etfiin dlemctro b d ctif
produ&a ponatur centrum gra’

1




_ Elementornm: Liber.  V.:503
Uitatis alicuiusmagnitudinis, ful-

Peﬁdaturqua per duas fufpenfio- . +
Ngs  quarum perpendicula per

CEntrum libre incededria fintd a,

. Dicoveeftabré&aadbe,
1:; cﬁ'c poﬁta,xquahtatc brachij,
Zquipondérans pesperdiculi da
Ad aliud’ z?é'qu1pond<:ransr Et [
Pofito centro grauitatis intra an-
gulum a d ey Ve aequlpoqderans
Perpendiculi d.a ad zquiponde-
Tang alterlus it viciffim'flar d e
Yuzlibet eius portio. 4d rectam
da completoquc parallclog:amo
adeb ifigatur diameter'db; dico
inj lPSa db clﬂ: centril; craultans,

fiy s Al g Jfﬂ‘,!
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so4 Tetragonifmicorum .
Quoniam anguli oppofiti ad a & ‘e fust

i Equales,&apguls b_q‘a‘,b_fglfqm; qualgt
miEuc, VipPoteTeiy erunt t:ian%ula“b ca, bfg.ﬁf

dnilissergovtabsb cyita b b & a’lt’c‘f‘
‘ na(n_do vtabjhe,itabc, bf,"fqimdzcmﬁ‘?w
mo oftendendum, ... i1 ah
Rurfistxcitenur'ex punéto d red?
d gid hjzquales inqiéiuf}p’dr’jaépﬂiéﬁlar&
adreftasda,de, Quoniam:b E,g 4, flil?i’i'}rg
rallelz,alternt anguli ¢ bd, bdicrunt &
‘qualesiergo'pofito finu tote'd b ; recta e P
~erit finus anguli ‘c b d3 arquiangulag edb
_eft in wriangulo redtangula. bed gontplé:
“mentum angulic bd | qfl‘idcﬂ_ Zqualis 1 fi
b d i; ego’ pofito finuitote &b, (s lds )
-plementi anguli b di 6t redfa bé, Simi
liter oftendetur pofito finu-toto d by {ipug
~complementianguli’ b'd T effe’” regtam
cbf.Quoniani ergo 2qpipsndeantia dua
sum{dfpenfionum per Libras gl o d b
“&tarum [unt vt complemgntifinus bC:, bf
ext vitdecima  fecundi 1ibr £b ¢ affehd ¢
b ffunt inter fe vtsba, be ex modo de?
monflratisiergo vt reftabaad be vel a d;
ita eft zquiponderans libre g d. fiue per*
pendiculi d a ad ¢quiponderans libre d
fiue perpendiculi d,e quod fecundo often”
dere oportebat, b=
Demum pofiro centro. gravitatis intr?
anguluma d'e, vt equiponderans perpen’
dicult d a ad ®quipanderans perpendict!
d eiita viciffim ficlatus die ad d a paralles
logrammi a d e bcentrum verd g,rauitilus ‘
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. Elementoram Liber'V, 50%
Non'fit ( fitieripoteflt Y inrefidm ; ergo
fompleto paralielogrammo d'e mnvi s
Quiponderans perpendiculi'd a ad perpen-
diculi d+¢)sra Viciffim ex fam demonftra-
Us erit latus d e ad d n; fed ita etiam poni-
tr effe Jatusd ead d a5 ergo rexz d a,dn
Pars & totum funt =quales;non igitur cen-
ftum grauitatis eft exta ‘diametrum d b
Quod terno fuit oftendendum,

COROLLARIVM.

Si commune  vtrique perpendicualo bra-
Chium fiar ad alind,quod inferuiat perpé
diculo de, vtipfum Jatus ad ad latus d ¢;
Manifeftum eft ex oftaud fecundi =qui-
Ponderans perpendiculi d e effe zquale
Equiponderanti perpendiculida, pofitd
0@ brachioruminzqualitate” © *

find wins . slodssg mundmad v i
. Segmentoe d £ cireylicx cen-

-~ Yro cdeferiptiyicuins fubtenfae f

ftad'diamerrum 2B’ yr ternarius
ad quinarium,libra ex ¢ {ufpensd,
Perpendiculoc b ; ex‘m'termino
.diametri'd!’fh_ perpedicularisadef

“Xquiponderat {patium ‘zquale




506 Tetragonifmicorum

rectangulo cuius bafis fit e f, altis
tudo verd  zquer femidiamerr
detres vigelimas quintas.. -
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Super ab co‘nﬁru&um,ﬁg: quédra£h1il

dm producti ablcilafitmy ipfi cd 2
qualis, & intelligatur per u,y,x defcripth
uy x fegmentum parabolz, cunius baftf
u xydiameter’ my, vertex -y, “Trirelligato!

rabolamuy x, vt quicunque qz =quidi’
ftante diametro ' m’y fecentur in q,0,2"

& bifariamfccctur in_Pq ] B2 -
Quoniam,d c;m y fant ®quales;quzcat”
; - - que £z zquidiftans refte d & dircarur of”

currens bafiin p; parabola i z; circulo#

e e R T e e e Tt 0 L D iodifiinat Caat ol

au x bjerit punétum m in re@i u x; % |

praterealineaw ] x nitafe habensad (p2°

linea ux.inp,fit q.o dintidiuds felte p % |
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Elementorum Liber. V. 507
sdiametroab ini, curuzu lxning & o,
ftunt tres re@tz d ¢, £, qz proportiona- s
&5,ex demonftratis in teruio librosergo vt %,'uiu,, :
Plipfi dczqualisadifitai fad qziexgo in co-
Vtip ad i = femilfem reétzi £, ita totaa £ roll 3-
3 q o dimidium re&® q z aptatum reftz
U X {ecundum pofitionem re&t® au - ergo
17 p ponatur libragrammica ex i {ufpen- P
Yerauia fi,q o vtiacentmanentia fibi in- P;?f“z’,
Yicem quiponderabunt;ergo ciim idipfum quip.
Sueniag in alijs omnibus ®quidiftantibus
Tz d c,tota figura vl xntotiad be,&
Pars parti, fi fumantur prout intra eafdem
Odinatim ad diametram ab applicatas 28.
i refpondent, zquiponderabit. e
Venio iam ad cal¢uli castis propefiti, :
Quoniam iun&z cf quadratum -xquat
Quadrata duarum g £,g ¢, & g £ poteft no-
Uem cyiulmodi ¢ f viginti quingue,; pote- 5
Htoc reliquas fexdecim partes quadrati
Cfergo tres rectz ¢ fyc g, g fluntlongitu-
INe vt quinarjus, quaternariys, &' terna-
Yus, Pere & £ducantnr condiz ¢k, fz,
OCcurrentes in h,r,Gtk,1s9,p,0,2, lineis
s vl, v n, u y;iun@a k z occurrat refte
Yina, ' Quoniam latus reétum parabole
WY z 2quale eft diametro m y ( funt enim
M, m y zquales) erunt y A, kas yam. pro-
Portionales:ergo vty m ad a k vel m fLhoc
€It vt quinarius ad ternarium , vel viginti ,
Quinque ad quindecim ; itak Aaday : eft 1k ’g“
202 y nouem;cuiufmodi k A quindecim, e

"8
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§08 - - Tetragonifimicorsine
&y m vigintiquiriqde.’ BN

Rurfus quoniam fegmentum I 1'Z ¥ 2
1.qua-quale eft ‘quatuor ‘trientibus * re@angall
drar.

z Ay, quod triangulok z y zqualeeft; I |

khdmidaturin'quindecim partes,re@tzA %
quatuor trientes erant Viginti ; fi ergor
‘nouem partium ducatur in viginti/, conit®
clentur centum oQogintasergo dua trient’
tes reanguli z Ay fant centumh o&ogin®
quadrata'decima quintz partis refte A7}
re@tangulum autem{ pz k,cujus latéra{P
triginta, & p z vel ma fexdecim; eff qud*
dringenta o&toginta eiu{modi quadrita,ef’
gotota figura (Kyzp zquat ejufmod
quadrata fexcenta fexaginta; ergo ciin ¢*
{extd primi figura rtnoqlfe dimidiu®
figurz (k y z p.figurart n'o'q I conftabit
eiufmaodi quadratis trecentis triginta: érg’
totidern quadraralibra exc fulpensd , per”
pendiculoc b, pendentia ex m zquipon”

derant figurc h e d ficifed parallelogrant’

mo ¢ hi f,cuius latus'e et viginti,caiu®
modi h 1 triginta , & ideo continenti qu#’
drata eiufdem modifexcenta, zqaipond?”
rant , '(1j{dem-pofitis?) quadratd dacent
quadraginta ( nam vt mcvel'd ¢ad ¢f
dimidiumreéte ¢ g, hoc eft vt quinique?

duosita e hifad fuam zquiponderans

ergo fegmento e d f g @ quiponderant qﬂg‘{
dratanonaginta : {¢d re@angulam fab ¢

triginta ; & {ub tribus completitur noﬂ*’:
gintaquadrata: ergo ®quiponderans {5

n s PP LN
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Tetragonifmicoruz 509
Mento ¢ d feftijfdem pofitis,re@angulum
2+ | "be£8& fub partibus tribus cuiufmodi ¢ £
gl | °mple&itur triginta, &.c d.viginti quin-
i | q“'f’)quod erat demonftrandum,

Ay ' C;ORO.LL:ARIVM_

o 3 Si fegmentumed £ iam computatum
3 Ponatyr bafis portionis cylindriiuxta pre=
ptuni vigefima quint prioris libn, &
[y 'eﬂaqgu-lum ifti bafi 2quiponderans fiat
124 afis pamllelcpipedi‘cadem cum portione
ote SYlindri altitudine pradici 5 iftud erit, ex
di Widem .demonitraus, zquale {patio zqui-
of sﬁ‘nderamis portiont cylindri iuxta cau-
m | °Besdbidem adhibitas,

it 2 :
o 'SCHOLILV M.
cn_r‘ “Expedita magis Vifa- nobis fuit hac compu-
i 34ndi,)i4,deﬁampt4 ex demonfiratisper librans

Play ST bl 4 X
if ‘iué";m i xdeo‘gae e f:zc.}ﬁ fumus 5 ne 'lre.nz
tern Vilum delibre iflius cum grammicd

G ren . Te)a
¢ ro"ﬁ"iqnm refiduum fiat, placet calculym ini-
L % ¢7I¢igondemntisﬁgmmta edf, pofitoarcn
0 | & frriente civenls, prout esm pofiimus ir. de-

3 (4 A e g : °" . . -
,d \Manoni tertif libri aliam epilogifmi metho-
Ny | Um [eantes, : :
2 Yoniam c d velmyeftadh cvel L y
r Po ¢
of teftate vt quatuor ad tria,tres autem re- 20.{cx-
, £my,Kx, Ay {unt proportionales , vt © Eue,
, Quatyg Ly . EiR) Sy 18 Co-
g 1 rad tiagita eritmyaday, Cum |
‘g roll.




510:  Tetragonifmicorusm

igitur fegmentum k y:z: fit 2quale gu¥°
tuor trientibus reftanguli z a y;erit £qu¥°
le re@angulo fubz & fub quatuor trie”

tibus reétz A y,hoc eft fub reétis za,m ¥ ! |

reftangulum autem { p z k erit zquale ¢
&angulo fub z A & fub dimidio reé&tz m
hoceft fub dupla reét2 m A : ergo tota fr

gura{p z y & zquat re®angulum fub mf |
& fub reétz m y tribus femitGibus : ergod’® |

midium illius 2quatre&angulum fub mf

& fub tribus quadrantibus re&tz m y vel

cd : ergo zquiponderans figurz chd fs
zquale eft reftangulo fub g f & fub trib®
quadrantibus femidiametri ¢ d:fed parallé’
logrammo ch if ¢quiponderat quadran’
ipfus e hifhoc eft re@angulum fub gf &
{ub g g quadrantere&tz c d ; ergo fegmen”
tocdfg zquiponderat retangulum {u

e g & {ub retz c d duobus quadrantibu®

hoc eft re@tangulum e gd , quod prorf¥’

conuenit cum epilogifmo propofition” |

decimznong tertsj libr1. : ;

Quod in decimi oftaui einfdem 1ibY
tertij oftenditur , ftatim ex hoc diagram”
mate apparct ; nam fegmentum uy x‘d
quatuor trientes retanguli u my, que
eft quadratum,cim latera um,m y fint#*
qualia : ergo duo trientes quadrati u#
velac zquiponderant ex m f{emicircul?
adb, libri ex ¢ fufpensi , perpendicul?
cb,

G e R e AP gl bk Bl g Dup PN  preet ma bl d femed pudn g gt pepy Y
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Elemenvornm Libersy V. §1¥
Prorositio I1IL

Sit, reuocatd figurd propoﬁ-_-
tonis vigefimz feptime libri
Precedentis , nd o fegmentum
hyperbole primo quidem condi-
Gum ; oftendendum eftlibrib d
fufpcnfﬁ ex ¢ centro , perpendicu-
}0 ¢ p , fpatium ex b fegmento vt
lacer manenti zquiponderas effe
2quale trientibus o&to quadrari
bi, Eefi ijfdem manentibus re¢ta
de zqualis fit diametri d b fepti-

Mz parti ; oftendendum eft fc-

Sunds , fpatium ex b fegmento
Nd o zquiponderans ( quod alte-
tm fegmentum hyperbola no-
Wm yocetur ) efle zqualerectan-
gulo compfchcnfo fubbalino &
Ub diametri fexdecim centefimis
adragefimis feptimis. Re@a
Yero ¢ g erit duplareétz de.




T etragonsfmicorum. - -

Sitigitur primo ndo fegmentum hy?

perbolz condiftum, & intelligatur c¢ di*

uifa in nowem partes ; erit ergo n o duo=
decim earundem partium; latus autem b

tranfuerfum , erit ad d q direétum vt bind*

rius ad vnitatem, vt oftendimus in prioré

pag.  libro. Quoniam ergo vtbd retta ad dg»

4%+ ideft vt binarius ad vnitatem , ita poni

tur ex vigefimad {eptima citata o t recta ad

no, erito t viginti quatuor , cuiufmod!

no duodecim; & quoniam vtce adnfd

hoc eft nouem ad duodecim, ita ponitd?
2.{fextiotad 0z , erit 0z triginta duarum pat’
Eue.  tjum cuiufmodi ¢ e nouem; ergo e’y ¢t
fexdecim; crgo ei eft ofto partium : 4
proinde ce, ¢ d, ¢ 1 {funtin ratione nyme”
rorumg, 3.1, :

e i B (oI * Wt i 7 g Egiy =

Rurﬁﬁ ;




Elementorum Liber V. $13
Rurfus quoniam fegmentum parabolz
e 0 zquale eft quatuor trientibus reftan-
Sulinei, vel trianguli nio; ergo dice-

' 'toides figura contenta arcuni o, reétis

9p,ox, &re@d perizquidiftante bafi
10 zqualis eft duobus trientibus retan-
Ulinei (nam parallelogrammum di€tis
‘neis comprehenfum duplam eft paralle-
9g_rammi nei) ergocum ¢ 1’contineat
'8inti quatuor partes cuiufimodi e ¢ vi-

-Blntg feptem ; re@tangulum fub ne & fub

“Xdecim partibus eiufmodi quabit duos

Mentes figurz diceratoidis 5 & addito du-

Plo re@zc i, re@angulum fubne & fub
Binti duabus parubus einfdem modi
*quabit totam figuram extrd cauam
PCxoin: re&angulum agtem fub ne &
40 vndecim eiufmodi 2quabitdimidium
OMuspexoinsquod eft cisox,
Rurfis quoniam fi ponatur axis px,
chiumque 2quetreétam ce, Vi€ ¢ re-
1ad dimidium re@tzc d ,itaeft totacd
i dimidium re@tz c i, idemque euenit in
JUacamque alid. zquidiftante re@te ¢, di-
qrolum’ figure extrd cauz parabolicg
Patum brachio eiufmodi zquipondera-
A% figure exhtra etiam cauz hyberbo-
‘® pxodn veiacet manenti ex fecunda
Parte vigefime oftauz prioris libri; ergo
angulum fub n e & {ub vndecim vige-
e !!s feptimi§ re&tz c e xquiponderat figa-
Yperbolicz pxod n :fed ijfdem.po-

Kx

17.qua~

drat.
parabe




21, pri-
miCo-
nic,

S14 . Tetragoni(micorum

tius toti re€tangulo pxon zquipondcﬁ’[:
dimidium ipfius,hoc eft re@angulum fu
ne&{ub e c tota; ergo retangulum
¢ n & fub fexdecim vigefimis feptimis 7€
&tz e c zquiponderat {fegmento parabolit?
nd oe, Ergofi brachium longitudinis ¢
velviginu {eptem partium mutetur in bré
chium longitudinis ¢ d nouem pa¥*
tium, cum vi nouem ad viginti feptem
ua fint {exdecim ad quadraginta o&01
zquiponderans  {egmento  hyperboli¢?
nd oslibra ex ¢ (ufpen(a, brachio zqua

te{emidiametrum e d , erit 2quale reéta®

gulo fubne & fub quadraginta ofto vig®
fimis feptimis rea c e : velfub n ¢ & {uP
quadraginta o&o decimis oftauis axis b9
cum ergo tresreéte ne, ed, b d fint 2qu?’
les inuicem ; re@angulum {ub n ¢ & 8
quadraginta ofto decimis oétauis ipfiv
n ¢, ent zquale ofto tricntibus quadsa! .
ne, qued erat demonftrandum’ prism’
loco. ‘

Secundo reqta d e fit zqualis fep(il?’

Pparti reétae d bierit ergo o&aua pars tot!¥’
b ¢; & quialatus direum d q eft. hic di

midium tranfucrfi d b,re@angulum b€}
eritdoplum quadiati ¢ o; ergo ic&anguls
fub de & [ub femifferetz e b 4 hoc ¢
fub quadrupld re@zd e, 2quale eftgv
drato reflz ¢ o; ergo tres re@z ed , €0
quadrupla re@tz e d funt proportional®®’
crgo¢ oreflacltduplarc@tz de,




Elementornm Liber V. 515

Rurfus ficuti in przcedenti cafu often-
imus tres re@as ¢ ¢, ¢ d, ¢ iefle in ratione
Dumerorum 9. 3. I.ita in ifto oftendemus
¢lc in ratione numerorum 81, 63. 49.
uoniam ergo fic e ponatur oftoginta &
Vaius partium, ci eft quadraginta nouem,
Stit j e triginta duatum : & fic ¢ ponatur
Mille feptingentarum & vniuserit ¢ i mil-
€ viginti nouem, & ¢ d mille trecentarum
Vigingj trjum , & ie fexcentarum feptua-
8inta duarum : duo ergo trientes reétz ¢ i
Stunt quadringentz quadraginta ofto ,
Quz i addantur ad duplam re&= ci, hoc
t{t ad bis mille quinquaginta & ofto,fum -
Ma ex ytroque numero conflata erit bis
Wille quingent fex; cuius dimidium cft
Mille ducentz quinquaginta tres; ergo re-
Qangulum fub n e re®a & {ub mille du-
Centys quinquagintalmbus,cuiufmodi cd
Continer mille trecentas viginti tres , eft
®quale {patio quod libra ex c fufpensa,
Perpendiculo ¢ x,brachio 2quante reftam
€ ¢,equiponderat figure np x od; fed toti
P 1o x equiponderat reangulum pnec:
fr2o0 differentia ecorum videlicet re@an-
8ulum (ub n e & fub quadringentis qua-
faginta ofto, cuiufmodi ¢ d continet
Mille trecenras viginti tees , ¢quiponderat
¢Smento a d ¢ ij{dem pofitis, Si crgo\bra-
“hium 2quans reétam c e mutetur in aliud
zq“"ns reGtam cd, hoc eft fi vi feptem ad
ouem ita fiant partes quadringente qua-
Kkz
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draginta & ofto ad quingentas {eptuagin®
ta fex; re€angulum fub ' ne & fub quin’
gentis feptuaginta fex partibus, cuiu{mod!
1in ¢ d {unt mifle trecente viginti tres, vel
fub no & {ub ducertis o&toginta ofto
quales in {femidiametro ¢ d funt mille tre”
centz viginti tres, vel in diametro bis
mille fexcentz quadraginta fex ; vel {ub
fexdecim cuiufmodiin diametro centum
quadraginta feptem ; zquiponderat feg’
mentond o, libra ex ¢ fufpensa, perpen®
diculo cx , & brachio zquante fermdia’
metrum ¢ b,

COROLLARIVM,

Sifegmenta, quorum zquiponderanti
computauimus,vel corum differentia po- !
nantur bafes cylindraceorum iuxta przf‘
criptum vigefimz quint prioris libri; &
retangula  computatis  2quiponderant!’
bus ¢qualia fiant bafes parallelepipedor?
cadenrcum cylindraceis altitudiue predi
torum ; ifthzc parallelepipeda erunt; ¥*
ex ibidem demonfiratis patet, ‘zqualt’
fpatio xquiponderantium cylindiacel’
iuxta cautiones ibidem adhibitas,




Elementorum Liker'V. §i7
SCHOLIVM PRIMVM.

Occafione tot epilagifmarym hiayLethmem

™onére infiflo,lapfum in ys pertraftandis cfe

Perfacilem, e Yehementer timendim calcula-
Y¥; otiam exercitatifiimo, Hoe Yexo diligenter
Wtendigvelim, fi quis fortaffé error i noftris
meris. (. quamnis contrarinm [percn euens
D) detegeretur , Yerum Vitinm ineorim
t"‘tﬂmianeﬁﬂat, an etiam ad ipfam grammi-
Cam demonfPrationem pertingat; [+ tenim ifla
Tedte procedat, ffat Yerttas guadmmrqe,cr-inde
“Mendari poterunt numserl o quorim. Yitium
Yantymexcufationis habere cenfiterunt Legum
Conditores , V¢ nunquam in vem. iudicstam
anfive Yoluerint, [i-quid perperdms computas
Yum. probari pofsit. :
SCHO LIVM ALTERVM.
Ad inneniendum [patium fegmentishypei-
[”’!epropcyitis aquipoderds Vfi fum?libri pla-
"a,n0n grtidé'necefsimtis, fed facilisatis m.u'a-‘
"5 cansd; poteramus enim,fi plﬂcuij]étﬁ_mlczel.ri
Perficere ex [olis tertiglibri pringipiisin decimd
Ptimg ciufdem libyi colle&is. Porra: ex hoc
hemage calenlum eorum qua de hyperbaolico
x)ﬁ_TOide innuimus in pracedenti libroy explo-
::L‘mus in bunc modum, .%am}tm 7 priwfao
Jt oftendimus figuram cifox eff Yndecim
'efimas [eptimas reftanguli ¢ o % 5 femi-
L &mentum e i [of erit [exdecins velique

Y . ;
i8efime ﬁ’pttm,z 5 EXg0 ﬁg!m cifox 3

Prop.

23.Co-
roll. 3.
&prop.
]
S chol.

o4 figuram e i Lo f Ve yndecim ad fex-

(1.’;' ety - s
“mlonatnr cx ita febainl Vi ¢ b fit fo-
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Lx (ieut ternarius ad quinarium : ergo ex
primd quarti fi per | agatur | [ equidiffar’
relfa i e, erit inreltd Ls centyum gramitat
[emifegmenti e i s 0.Reéfa tranfiens per cndti
grauitatis figurac xo si fecet vellamie xinf: I
e~ refe cx bifettio (ita Yocare cmn Com’
s mandino aufus [um quam Mashimatici GréP
m.ip:- dicunt Sixorominy ) fit k. Evit ergocl olfat
quip. pars fie yndecim offogefima offaua totins ¢ ¥
e~ cladl k erit vt portiocxosi ad parﬁﬂ‘
nemeosh, hoc eff Ve Yndecim ad fexdecint’
ergo k reft fekdecim offogefime offana totit®
¢ 5 ¢4g0 addito femifec k., erit c v fexagint
otozefimeoftansrelfacx : ergo vt 88.4d 6o
Vel Yt Viginti duo ad quindecim, ita eft ﬂ'ﬂ"
cxadcr:ergo hyperbolicum alierum conol”
des,de quoegimus in ')’igqﬁmzf ﬁpn'mi citaths
habet centrum granitatis sn axis cx punto®
itadinidente iplum e x, Yt c v adr x fit fihh
quindecimad [eptem.
Preterca quoniam figura ¢ iso0 x aqiat 1¢ |
Gangulum [ub e o &~ [ub Yndecim Yigefim
[eptimis refte ce, hoc ef,equat parallelogram®
mi relfanguli c e.o x Yndecim Vigefimas [ep!t
mas 5 parallelogrammum autem ¢ eo x eff &
19. de- ¥
cim,  quadrattm ox, Vi reflacx ad o x fiue vt bt
Eue. narius ad ternarium; Yndecim Vigefime fept” .
Lem.3- me veffanguli ce o x erunt Viginti dua fopisd™
Lefime prime quadratix o. '
Rur(us quoniam Yt rectac x ad o, fiue 15
binarius ad ternarium | tta funt Viginti dn#

feptuagefime prima ad Yndecim Vigefim as Jf°

B G K b !

)
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Himas, parrallelrpipedam enius altitudo fit o
&~ bafis Yndecim Vigefime feptime quadrats e
%o, erit gghale parallelepipids cuins altitndo .7
ity o,bafis Vigefime dua [eptuagefime prims cyc,
Juadrasi’ x 0. e 2 o
Quiopism: ergo prifmatoides. cuins bafis: [it
€150 altstudo x0aqualeeft-, DVt 1am
fendimus, paralllepipedo cuius altitedo fit
¢ %, @ bafis Yudecim Vigefime [eptimd gua-
rati g 03 i fum autem prifmatoides.eff, agiias
¢ quarte.parti hyperbolicoidis cuins feétiones
Jint quadrard rebla rum"!:_'i','b saliarumque or-
dinatim applicatarum addirellam diametrnim
€ xy Vi de fimils cafn a_[;‘%r_:dimtts in: qu4r1a
1broserit quarta pars cinfmodi hyperbolicoidis
“qualis parall:lepipedo etins altitudo fit'c xy
afisVndecim ngﬁmcﬁptim,z qhadrati, 0 @y peopof.
Ritrfus ﬂuanidmpamf[flegi edum cuinsaltitu- . &
do fit vetts ¢ xc, bafis quadratumex dupli'rede <"
% 0, habet eandem alsitudintm cum parall le-
Pipedo cuins alritndo eft.c xy €~ bafis Yndecim
)"gfﬁnm Jeptime 714¢dr~4ri x03 ergo quarta
Pars parallelepipeds cuins bafiveft guadratum
€x dupld vefla x o, et ad quartam partem hy~=
Perbolicoidis, vt bdﬁ;dd bafim hoc eft,Yyiginti
ﬁf’ffm ad Yndecim s, [ed ita etiam eft eylindrus
“Uius glritudo ¢ x,bafis circulus ex femidiame=
tro deferiptus,ad byperbolicum xyftroides cuius
¢tiones [unt civenliex [em diametris z 0.l g,
rd aliifgue ordinatim applicatis deferipti, ficut
$odem [ibyo offenfium fuits ergocylind us cu-
s bafis fit circulus femidismesro x o deferi-
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prus, altitudo ¢ x, eff ad xyfiroides hyperbolis
cum') Yiginti [eptem ad Yndecim. -

ProrosiTIio IV,
Siconus plano per axem fece

turin duos{emiconos yarque pcr,
grauxtans centrum vnius ex femx--\
conis ducatur planum parallelum

Plano per axem 5 femidiameter,

uz in bafi erit pcrpendxculans
adfe@ionem plani per axem, ita
Aeeabiturab eiufmodi plano pa-
rallelo,vt portio iacensinter cen-

trum bafis & centrum grau:taus‘

femibafis fit quadrupla portionis
interceptz inter idem femi-bafis
¢entrum & inter parallelum pla-
num iam memaoratum.

TS
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Sitconusd a b cuius bafis fitcirculus
2fb e; axis d c;planum per axem d c ffa-
Ciatin circulo feétionem fce,ad quam ex
€ excitata fit in plano femicirculi € b £
Perpendicularis ¢ b; 1pfius autem femicir-

.Suli centrum grauitatis fit g infemidiame-

U ¢ b exiftens ex decima tertid fecundi
ibri; (emicont autem. d fe b centrume
Sraujtatis fic 1, atque per | aum it pland
lhy plano d ¢ fparallelum,fecans reétam
€binh.Dico hitacadereinterc & g, vt
tedta ¢ g ficrefle b g quadrupla s fiuc e h
Uipla reftz h g, :
ﬁobu g & dagatur rf&a.cli.g. Qu Oni:;m
gura folida d fe bdeferibitur moru recte
fex pun&to d manente,per ambitum te-
Micirculi £b ¢ erit homeeoconicasac pro~
Inde plano fecetur parallelo bafi fbe
t&io ent fimilis ipfif be (id enim codem
Pa&o gftendetur,quo.ab Appollonioidip-
Um oftenditur detotacono ) fimilitergae
Pofita; cumque fimiles , fimiliterqae ting
Pofitze redta d g tranfibit per centrum gra-
Ntatis ipfius ex quinto poftulato primi li-
" Archimedei de Zquiponderantibas ;
$'%0 per vndecimam libri prazcedentis
‘entrym gravitatis figurz homococonice
feb exit in reta d gseft ergo punétum
(l‘lﬂ teta d g; ergo per corollariem {t=
ndum duodecima libri eiufdem pun-
re“ml ita diuidit re@tamd g , vtipliusg |
dald (i tripla.

S._pri-
mi
Conic.




522 Tetragonifmicorum.
Rutf{us quoniam planum triangulideg | ¢

Py fecant duo plana inuicem zquidiftanu? q
:lc:c.m perc & 1duéta,corum fedtiones d ¢, h 110 2
Euc. planod c g fa&tz, erunt parallelz ; erg0 ' t

2. fexti ciim in triangulo d c g lateri d ¢ paralleld

Euc.  fielh; vt dlad 1 g,hoceft vttria ad vaum,
itaeritchadhg : eft ergo ¢ h tripla rc-
&z h g, quod eratoftendendum.

COROLLARIVM 1.

Przfens demonftratio perinde locum
fuum obtinet, quamuis triangulum d £€
per verticem d a&um non cflet per axem
d c,fed fe eflet queuis ordinatim applica®
ta ad diametrum ab: perinde ,inquam
verum eftfi per]l agatur lh parallela per- |
pendiculod ¢ perd verticem coni & p¢* |
¢ centrum ellipfeos du@o, reétam cb
efle triplam re&tzh g. HaGenus etiam de-
monftrata pariter vera {unt : licetd ab fo-
ret homceoconicum habens pro bafi fe*
étionem conicam.

"COROLLARIVM. IL

- Hinc apertum cft G reta cd manen®
femper parallela retz hl circumferstuf
per ambitum figurz ecfnb centrud
gragitatis portionis - cylindii’ conclu!
fapetficie ita delcripid effe inre@a g ¥
" per g du@a & zquidiltante re@xzcdj !
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thim codem plane modo ¢emonfiraturs
quo oftenfum tuit portionis conicentrum
Zrauiratis eflein re@a g d, v patebit penis
tUs_ianiCi:mi.

COROLLARIVM IIL

Hinc quoque apertum eft quadrantem
fpatii quod portioni cylindri aut cylindra=
teijam defcriptiscuiusbafiso p v oppofi-
ta bafi £ ¢ b tranfeat per d verticem, xqui=
Ponderat libriexc {ufpensa , efiezquale

- {patio quod xqmpo'nd:rat coni, vel hoe

Moeoconici portiont habgt verticerm d,&
tandem bafim cum portione cylindris vel
cylindracet. _

Semidiametera ¢ ita diuidatur in q, vt
Ac ad cqfir vt quatcmarius ad ter.
Nariym, Quoniam conicum velhomoco-
Conicum cuius Centrum grauiiatis eftl,
e tertia pats cylindri-v:i cylindrac‘ei ea-
dem bafi ¢ e& cadem altitudine praditiy
fi intelligantur tr1a ciufmodi conica vel
homeeoconica habere idem centrum 1, 2-
Quiponderans tribus ex gerit ad ipfatria
Vtre@ta chad ¢ g, fuevircflacg ad ¢ a;
(nam vt c g chita ponunturca, q; €180
alternando vicg,ca, itach,cq ) fed fi-
Cut ¢ g re@aad ca, ita eft cylindri vel cy-
lindrace; pars memorataad zquiponderas
€X 33 ergo vt zquiponderans ex q ad ma-
guitudinem compofitam ex tribus , ita 2-

S.quar=
ti hu-
ius
coroll.
b1




2 {ec,
huius,

§24.  Tetragonifmicorum =
quiponderans ex aad cylindri vel cyli”
draceipartem {am di@tam ; & alternand?
xquiponderans ¢x q eftad zquipondera®
ex a vt ipfz fufpenfz magnitudines ; qu¥
cum fintzquales , ipfazquiponderanti?
erunt ctiam ®qualia.

Rurfus quoniam zquiponderans ex §
compofitz magnitudini zquat xquipo?’
derans ex a cylindri vel cylindracei part)
memorate; triens iftius zquiponderantt®
exazquale erit {patio quod ex q xqu¥
ponderat conico vel homeeoconico cuit$
centrum 1: ergo fi ‘brachium ¢ q mutetu®
in brachium ¢ a, zquiponderans ex a co*
nico vel homococonico erit ad zquipon*
derisex q eidem conico vel homeeoconi
covteltq cadac, hoc eft ternarius 2
quaternarium : €rgo cum xquiponderan®
ex qconico vel homoeoconico fit trien’
¥el quatuor vnciz xzquiponderantis ¢x?
cylindri vel cylindracei memorate parth
#quiponderas ex a conico velhomaoeoco®
nico erit tres vaciz vel quadrans fpatl
quoed ex a zquiponderat cylindri vel cy-
lindracei memorat parti,

Prorosrrro V.

Sit a cbifariam in'b ' fe&a dia-
meter cutufuis ellipfeos vel by

Jon @ iy e a9y sy

SR .

e
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Perbole I cmirea ak tangatin
Acllipfim , illique proinde zqui-
ditans ficlb'm. Plano leminfi-
ftar ad re@os angulos planum
db ¢ fecans ipfum planum lc m

‘_fecur)dum diametrum ac; inco
lnuentum fiv punctum: d vertex

Coni cuius cum planolcm {e&io
Communis fic ellipfis vel hyper-
bola ¢ m;id enim inueniri poteft
®X conicisyctim latusfigurz rectis

Rimys , ita fiat ipfa fecundaad pim
tertiam quandam quz ipfum la-
Ws reGum ‘=quat, ve ex defini-
Uone f{ecunde diametri con-
ftar, Solidum ift4 fuperficie coni-
€a inclufum & plano per verti-
Cem d 2&o fecante planumlcm
re.cun_dum ordinatim applicaram
diametro 2 c, VOCO condiclurm ho-

- - ‘e - ’4.5\{’,
Quod ibi inter data ponitur ha- rw:

conic.

catur, fi vt acdiameter prima ,“ %
ad fccundamquaminter data po. wic: fe-

cund,

Conic.




§26 . Tetragonifmicorum
- meaconisum: hyperbolicum quis.
dem fi bafis eius fic hyperbol&!
{fegmentum ; ellipticum , fi clil:;'.ﬂ |
pleos; parabolicum fi fuericplan}
plano dax paralleli {ectio cum
fuperficie homeeocanica, Hisitd |-
definitis, propofitum fir. |
Inuenirc parallelepipedum -
quale condito homeeoconico
parabolico & eius grauitatis
centrum ; ac proinde {patium
uod ex “centro b zquiponderat
ipfi, pofito libre perpendiculo
- quod tranfear pet verticem ho-
moeoconici &per cEtrum ellipfi

hyperbolzque commune.

Sit planum 10y patalielum plano d a K
{ecansdiametrum a cin . quocunque pun’
&o 0 citra vel vltra c diametriipfius tef’
minum pofito, propofitum verod fit inuent*
re_parallelepipedum zquale folido ho~
meceoconico comprehenfo planis d 815
y8l& {uperficie homoeoconica. i
Quoniam reéta § y cft parailela lasef!
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k :
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da trizgulida c per axem,fe&tio homoo-
Conicy elliptici y 81 m erit parabola cuius
diameter 0y ; ordinatim applicata 16 m;
Ompiaque plana plano y 61 parallela fa-
Cient fe@tiones parabolicas quarum diame-
'er erit (eio in triangulo dac parallela
Tettze 6 v, & inparte quidem y @ ¢ confli-
Wtarym bafes erunt ordinatim virinque
3Pplicate ad 8 c partem diametri fe&ionis
¢m,eruntque parallelz ad I m retams in
Parte veroy 6 d conflitutarum bafes erunt
Otdinatim “applicatz ad ream 0d, quz
I‘"anguli d1m bafim 1 m bifariam fccatin
» truntque parallel® ad ipfam bafim 1m
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cum ipfal m fit quoque fectio plani d 6 #
incidentisin plana parabolarum paralleld

Porro fe@ionem eiufmodielle parabolam
oftenditur in vndecima primiconicorum
quandoquidemn d eft vertex coni inuen?

tus paulo ante, Czteram punétum

quando I cm eft circulus vbicunque v

matur poteft efle vertex coni defcript

motu re&tx cuius punftum d maneat, ipf"

vero per circuli’ peripheriam  circumfe’
JefTatur, vt ex déhnitione coni palam fit, V€

i~ deh- : DTk

nir.lib, Tum etli I cm foret ellipfis diftincta 3
prim circulo poflet vbinis fumi pun&umd, n¥
conic. hiloque minus parabola foret fe&tio illadé
qua nunc agimus ; iftud demonftramu’

nos in libello quem feriprum habemus
Detommuni fectione plani ¢~ tarbinate [
perficiei ex punéto quiefcente & lined redtd i
tﬂr'pﬁm, parabolam , ¢o E(E‘EHO)?BS oppofitas cr”
curndultd defcripte ; cum tamen quamut?
paratum nec inflituto noftro inutiles®

in lucem modo non damus, quod theose?

mate ita extenfo carlre poffit prefens tra”
<tatus, /
Retaby itafecetur in u vt ficut ternd

rius ad binarjum ita fit portio y u ad ubj

Con- -ad hoc ex fecundi gquiponderantin®
firu@io propofitione 8.vt pun&iiu fic centrum pa*
proble- rabole cuius diamererby, & bafisim;
TS Jun@a refta d u ita feceturin p , ved p fif
tripla re& p u, atque per p agatur pn &
quidiftans re@ted b, & occurrens di:rﬂ;‘

i
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o ac in n,Fiatparallelepipedum s z cu-
1us bafis s x fit qualis fegmento paraboa
& cuius bafis 1m , diameter 8 y, altitudo
Utem x z zquans trientem altitudinis ho*
Meeoconici parabolici : atque vt femidiaa
Meter a b ad bn,itafiat s z parallelepipe=
dum, ad a parallelepipedum, Dico puna
Um p efle centrum grauitatis homeeos
fonjci parabolici; ipfum efle 2quale pa-
tallelepipedo s z 5 & folidoa zquale efle
Staue quod ex a pendens, librd ex b fuf-
Penfa, pofito perpendiculo bd , zquipon-~
€rat homeeaconico parabolico vt 1acet
Wanenti, _

Per p agatur q r parallelare&tz by oc-
cUrreqs lateribustrianguli 8d y'in q& r;
1Cut ergo 8 y refta & diameter fegmenti

laifa eft inu, ita q r diameter fimilis feg-
Wenti digifa eritin p i cim ergo parallele
8y re@tam intra triangulum @ y d fint
(vt ofenfum eft) diametri fegmentorum
ca‘§{1>91:2 {imilium , ex fe&ione homoto=
r:élm generatorum, & fimiliter fecentur,
S adu tranfibit per centra grauitatis
ta’:}nmm fe@tionum; ergo centrum grauie
; 1s hﬂmoc_oc_onicx eftin re&d d u per vn.
ar'i:"mm libri antecedentis; & per corol=
l_u::? {C_Cl.md_um duodeam'_ur‘ erit p cen-
Quog Srauitatis homeeoconici przdiéi ;

fratvnum ex propofitis,

habcurfus queoniam patallelepipedum s z

thafim's 2 zqualem bafi homoeoco-

17l

4. (exti
Euc.in
Schel.
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nici, & trientem altitudinis 1llius 5eiﬂf‘
modi parallelepipedum erit ticns cylin-
dracei przditi eadem altitudine & cadei®
bafi , vtex vndecima citati libri apertui,
eft; fed vt conflat ex corollario quinto de*
cimz o&auz libri eiufdem s homeeoconi-
cum eft etiam triens ciufdem cylindracel
ergo homaoeoconicum & parallelepipe-
dum sz {unt zqualia, quod erat altcrurd
ex propofitis.

Denique quoniam perpendiculo bd
parallelacft reétapn, tranfiens per p cen”
trum gravitatis, ipfum homoeoconicui
ciufmodi re@td pn foftentatum manebit
vt iacet; ergo vt brachium a bad longitu*

¢.qua~ dinem bn , ita erit homocaconicum pen”

drat.  dens ex n ad graue €x a @quiponderans

parad. fodiraeft s z ipfi homaeocomco 2quale 2
a; ergo parallelepipedum A zquale eft foli”
do, quod exa pendens zquiponderat hoe
meeoconico , pofito libre perpendicul®
b dj quod erat tertium ex propofitis,

SCHOLIVM.

" In defignandis (olidis femel definitis fupsr”
fsium g~ obfiurius exiflimaui omnes recenfer*
literas quibus illa corfignantur 5 [atis e |
putawieffe eas adfcribere que in planodacor” |
curruntExemplovemdeclaro, vt folidum b’
meoconicum denotems comprebenfum. plan¥,
481,18y ¢~ fuperficis conicd ex Yerie
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Manente deferipta motu linea d a per ambitum
Lem ellipfis Vel kyperbole , Ytor kis Vverbis
{olidum homecoconicum déy ; @4m hoc
1[0 quod defimitrogilisis mente senctur, fuban~
dityy bafis Ecm gitam lines B cinter enuntis=
tas 40, 4y intetcepte indicatse plana d 81,
Yl per reckas a8,y 0 grantum fasiseft fi=
Shificantur. Atquehsnc modum fummatim
€Xprimends [olida notaseris in antecedentibys,

f"ﬂ“mti:ﬁﬁue aduertes in  confequentibus,

1";6{ femeldeclarare tibi dibui, Leltor beme=
YHoLe, '

"Prorositio VI

In epilogifmum transferre pre-
Cedentis propofitionis diagram-
. A . N .
ma, pofitdl¢m primum diame-
tro circuli deinde tribus, eius
Quintis., :

Llz
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T

. /] ;\_,,?,/ ;-” |

_ Sitigitur primd | ¢ m femicirculus , or*
dinatimque, applicatalm fubtendens ar*
cam'l ¢ m fecetdiametrum a ¢ in 8 punét?
congruente in hoc cafu cum centro b?
propofitum verd {it ratiocinio inucnifé
parabolicum bdy homceoconicum, &
1lli zquiponderanslibri ex b centro cir?
culi fufpensi. Peru agatur u 7 occurren’
lateridcin», &lateria din & : per P
agatur fimiliter p @ zquidiftans bafia c, &
occurrés lateribus d a, d ¢ in+, & ¢,perpé:
diculoauté d b in @.quonia ¢ d rectaeft a¢
cy vedenarius ad quinarium,hoc eft ficut
acadfc, (eftenim @y laterida paral
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¢la intridgulo a d )& quonid in triagulo
Oy bafidc paralella cltum,ficuté yaduy,
Maertfcad ur; ergocum 8 y firaduy
Vt quinque ad tria, 8 ¢ eritad u = vrquin=

- Quead tria ; eandem ob caufam cy eritad

Y 7 vequinque ad tria ; erit ergo ex ®quo
Vt denarius ad ternarium ita dc ad y =3

Ita etiamerita ¢ ad u 7; ergo tota da

3 d ceft vt denarius ad o@onarium , fiue
Vtquinariusad quaternarium.’

. Quoniam verore@a d u ita feta eft
 pyedu fic ad d p ficut quater=
Nariyg ad ternarium , eritu 7 ad p o ficut
Quaternarius ad ternarium; cum ergo tota
% ¢ fit ad u = ficutdenarius ad ternariums,
fiue ey quadraginta ad duodecim; u =
Wremad p ¢ fit ficutduodecim ad nouem;

X 2quo totaa cad p ¢ erit ficut quadra-

8inta ad nouem.

: Prarerea quoniam verea d ¢ ad =d,
1 ¢efta ¢ bafis triangulia d ¢, ad paralle-
M Ex, cimre@tad ¢ ad d = fit vt quin-

quead quatuer , erita cad £ 7 vt quinque

: Quatuor : ergo cii vt ofto ad decé ita fit
Tadac, & vt decemad tria ita fitacad
Tierit ex¢quo& ¥ ad u x, vt oftonarius

eti:‘“‘lla'rmm v & femiffis rez¥7adux
o vtad terpariam,quaternarius.  Quo-
o {_?hcrlgo vtéxr ad u7 it et Lo ad P
erir olto quartz {exti Euc, apud Claui

¥# lemiffis ret2 L9 ado p ficut clt
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quaternarius ad ternarium , & per conuct®
{ionem rationis ficut quaternarius ad vat"
tatem, itderitnpad @ p 5 ergo o p eftqud’
drans rex 0 05 ergo ¢ peftad po et
ad vnum 5 fiue vt nouem adtria: fedpf
continet,vt oftenfum eft,mouem partes €U
iufmodi a c continet quadraginta, & fem’’

diameter uigintizergo cuiufmodi femidid:
meter continet viginti partes 5 eiufmoc
tres continet reta o p velbn, Quonia®
verd vt femidiametera b ad b n ita cft {0
lidum cuius centrum grauitatiseft p, 3
zquiponderans ipfiexa fufpenfum; ipfis?
homaeoconicum parabolicum cwius cen’
trum grauitatiseft p , erit ad zquipond¢’
rans ex a,vt viginti ad tria.

Rurfus completo parallelogrimoadb 4
perpendicularesex d inlateraa @, 6 6 de-
miflz erunt in ratione laterum d a, 2 0 ¢¥
prima huius, Prterea quoniam folidurt
cuius cétrum grauitatis eft p, eft homeeo’
conicum, & bafim habet parabolam 8y I
qaz continet duas teetias refanguli {ul
8y & 1 m reétis contenti, vt conflat ex pri’
ma libri antecedentis; altitudo vero ¢
perpendicularis ex d in re@tam fy (m'f
enim hoc ipfo & perpendicularis in plant
parabolz, cim planumy 61 fic re@um 2
planum ad c,vt pote incedens per re&at’
18 perpendicularem ad planum a d ¢) foli*
dum,cuius centrum p, crit tertia pars p2°

. rallelepipedi cuius altitudo fit pcrpend"
|




Elementorum Liber V. 535
Calaris exdinreGtamy denifla ,  bafis
‘Quadratum zquale duabus teruts reftan-
guli contentt fub reétisy 8, [ m.

Vediametera c ad 8¢ portonem {ui in-
terceptam ordinatim applicata 1 m,& pun-
Qo c, itafiat reliquaa # portio diametriad
64, Dico parallelepipedum cuius bafts fic
Zqualis duabus nouenis reanguli con-
tenti fub re&a 0 & & fubl my altitudo verd
fit 2qualis perpendiculari ex d1n planum
circuli demiflz , efle 2quale homeeoconi-
to parabolico cuius grauitatis centrum eft
P. Quoniam enimvtacadfc,itaeftad
adfy , co quod in trianguloa cd bafiad
parallelafit 8 y; & vt acad fc,ita excon~
ﬁm&ion\e eftafadlfetgoveadadly,
taerita §ad 0, & alternandovradadaé;
2@ yad 8 ergovtadadad, itaerr, I fexli
pofit eademn altnudine ! m , reédangulum Ewc,
fub 6 y, 1 m contentum , ad reftangulum
fub 8 & | m comprehenfum.
Rurfus quoniam vt ad reaadafita
¢l altjtudo ex d in bafim ¢ m ad altitu-
dinem ex d in bafimy 8 1, vti prins often~
dimus; ergo vt altitudo parallelepipedi
1am di&i cuius bafis eft duo trientes re~
Qanguli contenti {ub re&is y 8,1 m;ad alti=
adinem exdin planum | ¢ m, quz com=~ .
Petat alteri parallelepipedo habent: bafim i:;,_v
Yorum trientum re&tanguli fub 8 &, 1m Euc.
Contenti ; itareciproce erit huius bafisad
afim illius; ergo funt =qualia inui-
fem ; ergo triens iftius cft aqualis
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homeeoconicoiam memorato;atqui tricn?

ti iftius zquale eft parallelepipedum cuijus.

cadem ficaltitudo, bafis autem triens fit
bafeos conflantis duobus trientibus re@an-
guli contenti fub§ &1 m ; €rgo cum triens
duoruin trientum fint duz nouenz, paral-
Jelepipedum cuius ba'ii xquet duas noue-
nas rectangali fub 8.8 1 m comprehenfi, &
altitudo fie perpendicnlaris ex d in plani
-le m,eft 2quale homesoconico 1am me-
morato s ficut probandum fulceperamus ;
quz demontftratio haber locum in ¥iroque
cafu, % 1n quouss alio perfimili etiam cum
I m foretin hyperbola, :
In primoigitur cafu, quem nunc tradta-
mus,quoniam pun@&umé congruit centro
b, erit I mdiameter, ipfi ac zqualis, ac
proinde ficut d ceft femiffisre@ze ac,
ita 8 & erit femiffis recie 2 95 eft ergo
84 quadrans dismetri; ergo re@angulum
fub® & & {ub Im eft quadrans quadrat
.. quod potcft diametera c; ergo ex corolla-
~ o vigefime fexti Euclidis . eft a2quale
‘quadrato femidiametri b c;ergo parallele-
pipedum cuius bafis fint duz nouenz qua-
drati b ¢, & altitudo @quet perpendicula-
remex dinplanum | c mdemiifam,zquale
ot homeeoconico parabolico cuius céuriip.
Prererea quoniam ve femidiameter 2 b
ad longitudinem b n,hoc eft vt viginti ad
tria, italibri a n fufpésd ex b, eft homeeo-
conicum parabolicum cuius centrum gra-
gitatis p , ad Zquiponderans ¢x a , pofitd

vl e
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Petpendiculo b d; vt autem viginti ad tna
-3¢ centum o&oginta ad viginu feptein,
2 funtduz nouen=, fiue quadraginta cen-
“limz oftogelimz ad fex centefimas oéto-
&limas,hoc eft ad vnam trigefimam: ergo
olidi A quod homecoconico diéto zqui=
Ponderar ex a,zquat parallelepipedi cuius
Utitudo fie erpendicalanis ex d in planl
lem dcmiﬂg , bafis vero fit vnatrigefima
Wadrati quod poteft femidiameter be ;
Qod primo faciendum erat. .

Secundo arcus 1c¢m fubtendatur reQd
I quz fittres quintz diametri a ¢, prout
Pofitum fuit in fecund huius epilogifmos
Propo(itum verd fit numeris definire pa-
fabolicum 8 d y homoeocouicum , & illi
®quiponderans ex a, librd de b centro cir-
Culi fufpensa. )
~ Eadem conftruttio quz in priori cafu
‘Um proportione adhibeatur 5 eademgue
Sleyli methodus, iuxta qu, " ¥ conti-
Nebit tres partes, cuiufmod 4™ ? quingue,
= Cuin{modid c que decuplaeft re@te y c,
“Ompleditur quinquaginta : ergo ficut
Juinquagintaad ta, itaeftdcad 7y, &
M etiameftac ad #u sergod cad d = eft
vt Quinquaginta ad quadraginta oéto,vel
' Viginti quinque ad vigintiquatuor .
%Oniam ergoretad u ita fe@aeftinp,
vt duficad d p ficut quaternarius ad ter-
Mum |, erir u ad p ¢ ficut quaternarius
adfﬂrnarium.C&m ergototaacfitadux
‘Ut quinquaginta ad tria, vel ducentaad

3




4 lexti
Yuc.
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duodecim;u 7 autemfitad p ¢ ficut qui’
tuor ad tria,vel duodecim ad nouem;; ertt
ex zquo vt ducentaad nouem,ita a ¢ reét?
adpe.

Prztercaquoniam ved c ad» d, jra f
a ¢ bafis triangulia d ¢ ad parallclam £ 75
cum re@ad ¢ ad = d fit vt viginti quings®
ad viginti quatmor,etitacad £= vt vigit”
tiquinque ad vigintiquatuor , vel vt quin*
quagintaad quadraginta ofto : ergo cul®
vt quadraginta oo ad quinquaginta, it
fic £ #ada c,& vt quinquaginta ad tria it?
fitacad uw, erit exzquo vt quadragin®
oftoadtria, itarefla Ex adur, Rurlt$
quoniam vtE 7 ad uritaefltlo ad p ok

{cholio Clauij, erit (occurfu re@aram d b;

~ ¢ pofito in o) wp femiffis retz J padp!

vtviginti quataor ad tria > vel ve oéto 2

vnum:ergodiuidendo vt feptem ad vout

vel fexaginta tria ad nouem,itae padp?” |
fedpecg o:oeta VE oftenfumeft , noue? |
partes cu:,'r::;.dl acducentas, & fennt
diameter centenag ; €rgo ex xquo cuil
modi femidiameter centenas continet!
eiufmodi  p vel bn comple@itur fexd’
ginta tres. :
Rut{us.quoniam re@a 0 ¢ eft decim?
parsre&le ac,& vtacadfc itaeft a b #°

B, erit 68 nouem centenz partes diamet”
a ¢ ; ergo parallelepipedum cuius bafjs 10"

duz nouenx re@anguli contenti fub 17
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tribus quintis diametriac, & fub nopem
centefimis diametri ciufdem,altitudo vero
Zquet perpendicularem ex d in planum
l¢ m demiflam zquale eft in fecundo cafu
homeeoconico cutus centrum p, Cum er-
go duz nouenz centelimarum nouem fint
Vna quinquagefima; balis eiufmods paral.
lelepipeds ent re€tangulum fub 1 m & fub
Vna quinquagelimd diametr1, vel vna vis
gelima quinta femidiametri.
* Rurfus quoniam vea bad bn,hoc eft ve
Centurn ad (pxaginta tria,itaclt voa quin-
qQuagefima ad fexaginta tres quinguiese
millefimas, & ita ettam eft homeeoconicu
lam dimenfum ad A fuum ex a =zquipon-
derins, perpendiculo b d, libra ex b (uf=
Pensa;eiufmodi quiponderans erit paral-
ltlepipcdum cuinsalutudo fit perpendicu-
latis ex d in planom lcm demuffa, bafis
Verd re@angulum fub 1 m & fub {rxaginta
tribus quinquies = millefimis - diametri
i, P

ProrositIio VI

Epilogifmum inire einfdem
Propofitionis quint pofite arcu
lem hyperbolz primiim feg-
Mento noto,deinde fegmento in
Quo ¢ g recta equet {emidiametri
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bc duas feptimas partes prout

pofuimusin tertia.

Sitigitur lem fegmentum hyperbol? | o
notum,id eft ¢6,91,ac fint inuicem zqua- | x
les,fitque condifta 18 perpendicularis ad I
c8; propofitum vero fit computare para’| pq
bolicum 8d y homoeoconicum , & illi e¥ | cq
azquiponderans libra ex b centro hyper'| qu
bol¢ fufpensa,perpendiculob d, Y

W
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f Eaficr_n conftru@tio , quz in proxime
Perioris propofitionis duplici cafu , cum
Proportione ponatur. Quoniam c dreta
*ft ad c y, vta cre@taad 6 c,eruntcd , cy
E?_Ualcs,cﬁ ac,d c ponantur etid zquales
ifto cafu. Prztereaficutin prioris pro=
Pofitionis duplici cafu oftenfumeft, y =
“ontinebit tres partesscuiufmodi y ¢ quin-
Que comple&titur;ergo cumy c,d ¢ fint z.
Euales,ﬁcut quingne ad tria itaeft dc ad
Ys8&itactid eftacad muiergodcadd »
vt quinquead feptem: quoniam Vero
%&ad nita fcéta eft inp vidu ficaddp
‘Cut quaternarius ad ternarium, eritu«ad
Pa ficut quaternariusad terparium , vel
Wdecim ad nouem. Cumiergototaac
1 ad y o« ficut quinarius ad ternarium, hog
& ficue viginti ad duodecim ; u 7 autem
tad g ficut quaternarius ad ternarium,
Oc eft ficut duodecim ad nouem; €x
uo tota a cad p ¢ eritficut vigintiad
ouem ; yel quadragintaad oftodectm.
\urfus quonfam vid cad =d, itaeftac
afig teianguli a d c ad parallelam Eaycl

Y& d ¢ ad = d (it v quinque ad feptem,

gf“ a¢ ad 7 £ vt quinque ad feprem :ergo
Um yifeptem ad quinque ita fit 7 £ ad

¢, & vt quinque ad triaitafitacadus,

e
tex zquo r£ad u @,vt {eptemad tra,

4oniam ergo vt£ 7ad u7,ita eft Jpad-

Bex Scholio Clauij;erit ( occurfu reéta-

x : g 3
im d b, Lepofitoin e Y wg femiffis refte 4

L8

~

exti
o
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~24d ¢ p ficut eft feprenarins ad fenariut
& coépenendo vt tredecim ad fex , vel ¥
tiiginia mout ad o&todecimita wp ad ¢ P
{ed ¢ p continet, vt oftenfum eft ; oétode*
<im cuiufmodi a ¢ comple&itur quadr®
ginta , & femidiameter a b viginti : erg’
¢x &quo vt triginta nouem ad viginti , 1t
elte p vel bnada b femidiamerrii, Quo”
niam vero libri ex b fufpensa perpendich’
lo bdsvt femidiameter a b ad b n, ita ¢
folidum cuius centrum grauitatis eft p, &
zquiponderans ipfi ex a {ufpenfum;ipfu?
homeeoconicum parabolicum cuius gré*
uitagjs centrum eft p» critad zquipon”’
derans ex a vt viginti ad triginta 0o’
uem, ‘ ‘
Rurfus quoniam re&x ¥ ¢,a ¢ funt ¢qe#’
les,&vracadfc,itaclt afad 4, erit 0 & ipﬁ
0 a ¢cqualis: ergo parallelepipedii cuius b®

fis int duz noucnz re@anguli content!
fub I m dupla diametriac, &fuba 6.d¥ |

pli quoque ciufdem diametri a c, hoc eff
fint duz nouene quadrati quod poteft d¥*
pla reftz a c,alutudo vero aquet perpe?”
dicularem ex d in planum1 ¢ m demiffa®”
zquale eft homecoconico parabolico ¢4
ius centrum p: ergo cum quadratuma

quadruplum quadratia c, parallclcpip‘; ‘

dum cuius bafis figt o&to nouens quadf’t
a c, altitudo vero fit perpendicularis ¢* f
inplanilc m demiffa zquale efthomo

1
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*onico parabolice cuius centrum p : crgo
;“m quadratum a 8 fiv quadruplum qua-

fati a ¢, parallclepipedum cwius bafis fint :f’&i’
o noaenz quadrati a c,altitudo verd fit jn e
Perpendicularis ex d in planum lc m de- coll.

ffa,2quale et homoeaconico parabolico
SWus centrum p.

Prarerca quoniam vt femidiameter ab
3 longitudinem b n, hoceft vt viginti ad

“@inta nowem , ita Librd fufpensa ex b,
p‘:l’]at:ndiculo b d,eft homoeoconicum pa-

Oolicum centro p affe@tum,ad zquipon-

Crans ex ag vt autem viginti ad triginta

i Mouem ira funt oo nouenz ad viginti fex
f¢imas quintas : ergo homeeoconicdiam

‘%o folidum Azquiponderans ex a zquat
Parallelepipedum cuius altitudo fit per-
Pendiculans ex din planum 1 cm demif-

%,bafis verd fit viginti fex decimz quintg
Wadratiac.

Secundo redta ¢ fir femidiametri b ¢

U2 feprimz, Cim ifte cafus non differac

h.‘“ftc nifi vauxds & vi vulgo dicitur mate-
- “liter | fatis effe duxi fummam epilogifmi
itcEl'n:. Inuenictur ergo retadcad 7y,
‘M acad muefle vt triginta quinque ad
t:;a'- &dcad d 7 vt triginta quinque ad
Sinta feptem:fed vid cadd mitaac ad
2l SrBo wEadaceft vt triginta feptem
triginta quinque : fed vt triginta quin-
H¢ad tria, itacfta ¢ ad  u: ergo ex zquo

ttriginga feptéad triagitaeft £ 7 ad 7u,&
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¥9 adpp:ergo ve triginta feptem ad (e%1
1tawgade p, & componendo vt quadrd’
gintatriaad [ex,ita wp,ad p,

Rurfus quoniamacad = u eft vt trigint?
quinque adtria » vel centum quadragint®
ad duodecim : wuautem ad o p eft vt duo’
decimad nouem, erit ex zquo acadp ¢V
centum quadraginta ad nouem B8 aba
p # vt {eptuaginta ad nouem. Prztert?
quoniam ab ‘ad pp cft vt feptuagintad
noué velve quadringéra viginti ad quin’
quaginta quatuor: p ¢ autem ad » P c[’c'VE
fex ad quadragintatria,vel vt quinquagis’
ta quatuorad trecenta o&toginta fepteny
ergoexcquo abadw p vel b nerit vt qu#’
dringenta viginti ad trecenta oftogint
{eprem,

Rurfus quoniam a ¢ ad cfefl vt {eptent
ad vnum,& vtacadc f,itacft 62 ad 44
crit 84 ofto, cuiufmodi a ¢ quadragint
nouem: & due noucng redte § & erunt fe¥
decim, cuiufmodia ¢ quadringenta qua’

raginta & vnum : ergo parallelepipedur
cuius bafis fit. reQangulum fub 1m & fub
{exdecim quadringenteﬁmis quadr:gcﬁ‘
mis vnis diametria c, altitndo ™ verd per
pendicularis ex d in planum l¢c m eft 2

quale homeeoconico parabolico * cuivf |

centrum p, Quoniamergo ve 3 b brachi
ad longitudinem b , ita et homacocont*
cuin cuius centram pad fvum ex a axqul’,
" pouderans, Jibri exb fufpensa, pofita per*

: per




d {e%) : ;
1adra’ Vlnu ad trecenta otoginta feptem, hoc eft
abadbn, ita funt fexdecim quadrin-

igin? SNte(imz quadragefimz vnz ad centum’
\giath ‘Ptuaginta duas  quinquies-millefimas
‘duo’| , Dtefimas quadragefimas quintas ; {olidi
“P ¢v#| ~*quiponderans iam dimenfo homeeoco-
2 bad in‘cﬂ parabolico erit parallelepipedum cu-
o teteh U altitudo perpendicularis ex d ad planii
waad] & m,bafis re®angulii fub1 m quatuor fep-
quid” 'Mis diametri a ¢, &fub eiufdé diametriac
ot v Senrym {eptuaginta duabus  quingquies-
g’ ?,“Urflr'nis centefimis quadragefimis quin=
|

qué

1

i Prorositro VIIL
prem ¥

”; lifdem manentibus inuenire Ho=

inf . WL dlg U
> g‘Otocomco elliptico & hyper-
qu| »Olico quiponderans -pofito
d';u'g brae perpendiculo quod ‘tran-
ofie| S3t per verticem homeeoconici
> ; } . B
% § Per centrum ellipfi hyperbio-
12l ®que communc. ;i
i t&“,“ﬂ}iatur ex przfcripto vigelime quin-
ul® K {.‘ Il quarti parallelepipedum s Z wqua-
yere olido quad exa pendens xquiponderat

cn’
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Bendicylo d b;ve autem quadringenta vi=

mn




546 ~ Tetragonifmicorum

Y )
fith B

5 =7 S » e
N,
} <

cylindraceo cuius bafiseadem {it qua ho*
moeeoconici elliptici,vel hyperbolici;lint?

autem defcribens fuperficiem cylindrace? |

fit parallela librz perpendiculo d b, Di;
co quadritem eiufcemodi parallclepiped”
effe zquale folido quod homeeoconico ¢!
liptico', vel hypetbolico zquiponderat ¢*
- a peadens iifdem pofitis.1fiud apertum efi¢*
corollario tersio guarta propofitionis,

COROLLARIVM 1I.

~ Quoniam per quintam inuentum eft{%*
lidum » quod iifdem pofitis quiponder?*




B -

\ d°>fpatium'i quod ex a pcndcnsxquipon-
\i| e differentiz modo memoratx , quam
| Piftam voco s & qux contnetur fuperfi-
' homoeoconicd & planisy 8 lc m.,
ho : \
ned
%, COROLLARIVM. IL
i '
l - . - - . .
:cj i Clim ex vigefimd quintd prioris libri,
¢% | pyPrino cafu propofitionis fextz zqui-
tﬂ’j “Nderans femicylindro fit parallelepipe-
cm- cuius altitudo eft perpendicularis ex
¢ ce d in planum 1 ¢ m demiffa, & bafis
O trientes quadrati quod poteft {emidia-
g R et equiponderans femicono cuius ver-
(oo | dipe 2EHit parallelepipedum cadem altitu-
b | d ‘¢ conflru@tum , cuius bafis fit quadrans
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hUm(JeoconiCO “parabolice ; & ex prx-
‘0ti inuenta elt. quarta pars folidi s z,
4z 2quiponderar homecoconico ellipti=
:0 aut hypeibolicosft fumatur xquiponde-
.iafitlum differentia i, apertum eft {patium
*quiponderare differentiz qua homoco-

B T a
Obicum ‘parabolicumd 1 m 6 y contentum

}: anis d 8 m, y§ m & fuperficic homeco=
Onici fuperatur ab ellipticod ¢1¢'m con-
‘to fuperficichomococonicd , & planis

Llc m : vel qua hyperbolicum fupera-
!ra parabolico. Tradita igitur ¢ft metho-
> Inueniendi,pofito codem perpendicu-

MU trientum, id ¢fi fit fextans quadra-

Mm2
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1 ex femidiametro.Quoniam ergo fextat
zquat quinque trigefimas, plane con A

dedudta vna trigelima quz ex huius ff"‘w '
zquiponderat homaeeconico parabohcq :

relinqui quatuor trigefimas vel duas de”
mas quintas eiufdem quadrati pro bali P2
rallelepipedi eadem altitudine conftruétt
zquiponderants differentiz condit® i
primo cafu allegato, quado nimirum ¢
eft femicirculus, !
~ Atinfecnndo quando ordinatim 3PP‘ll'
catalm eft tres quintg diametri ac, ¥
xquiponderans portioni cylindri ead¢
bafi predit2 {it ex corollario fecund P*
rallelepipedum cuius altitudo eft pcrp‘ﬂ.
dicularis ex d in planum 1 cm, bafis v¢
reGangulum comprehenfum fub | m ¢
fub tribus vigefimis quintis femidiame!”
aut fub tribus quinquagefimus diam‘”ls'
quadrans trium quinquagenarum erit 1

ducentefime. Quoniam ergo tres duces® !

ﬁm_:; zquant iéptgaginra quinque q“’,ﬂ,
quies-millefimas, liquet dedudtis fexad
13 tribus erufdem modi fub quibus & ,”‘

eadem 1 m bafis parallelepipedi aaltirwd? |

jam memorata praditi,comprehenditu! i
huius fexta,relingui duodecim quing®'®,

millefimas, hoc eft tres millefimas duc"’b {

tefimas quinquagefimas diametri a ¢, {u,
quibus & fub eadem 1 m comprehendd”
bafis parallelepipedi eadem altitudine P! i
diti,& xquiponderantis diffexentiz €0?
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" in {ecundo cafu fextz propofitionis
m Jaydate,
“Similiter cim in primo cafu feptima z=
q“lpcndcrans portioni cylindracei cadem
4fi praditz fitex corollario tertiz huius
: }'i s vel ex corollario quarto vigcﬁma:
QWintz antecedentis libri, paruliclcbipcdﬁ

Cius altitudo eft perpendicularis ex d in

Planum I ¢ m,bafis verd ofto trientes qua-
fati quod poteft diameter a ¢ 5 quadrans
o trientum eriit duo trientes. Quoniam
'%o duo trientes xzquant decem decimas
Quintas, manifeftum eft i ez deducantur
A¢ parallelepipedoa, hoc eft ex feptima
'4m Jaudari de viginti fex decimis quintis
‘u(dem quadratia ¢, relinqui fexdecim
decimas quintas eiufdem quadratia c,qua
*quiponderent differentiz condifiz,
Demum cim infecundo cafu eiufdem
€piime zquiponderans portioni cylin-,
tacei eadembafi 1 cm , quahomaeoconi-
‘m hyperbolicum d clm pradite,fit ex
‘Orollario tertiz parallelepipedum cuius

- Wtitydo c‘ﬁpcrp.cndiculans exdin planum

¢m demiffa;bafis vero reGtangulum com-
Prehéfum fub m1 & fub diametri a ¢ fex=

tcim centefimis quadragefimis {eptimis;
QUadrans erit quatuor eiufmodi partes, ac
Proinde paralielepipedum di&td iam alti-
Wdine conftruftum,&habens bafim 2quas

‘M re@igulo fubm 1 & fub quatuor cen-
*limis quadragefimis feptimis diametri
3¢ contento, Quoniam ergo quatuor ccnw
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tefimz  quadragefimz feptimz  2quant
centum quadraginta quinquies-millefimd®
centefimas quadragefimas quintas, apert
eft ficz deducatur de parallelepipedia bafis
hoc eft,ex feptima iam laudata,de centut?
fcptuaginta duabus eiufdem menfure pat”
tibus,relinqui triginta duas quinquies mil*
lefimas centefimas quadragefimas quint®
diametri a ¢, fub quibus & fub m I con®’

rehenfum re&angulum fit bafis parallelé”

pipedi di&ka altitudine ereéti, & quod dif

ferentiz condiiz zquiponderet,
SCHOLIVM.

In covollario primo infsimas fumi differen
tiam [olidi A ¢ov quarta pavtis sz V¢ haberets!
eguiponderansdifferentie condifte s iftud yer®
sntelligi debet quando brackium libra fufiine”

tis homeoconicum parabolicum eff ad eqfde? |

partes obuer[um ad quas brdr_bium librz ﬁaﬂ‘." ‘

nentis homazoconicuns ellipticum aut hyperb?”
licum : fienim ad oppofitas partes brachia {07
vent contier[a , [umma ex quartd parse foli®
s, @ ex folido & exhiberet aquiponders’
quafittim. Pratermifimus tamen iftum cafu?
quia nobis nece[farius non eff ad prafontem 1
tragonifmum , Vtex demonflrandis patebit
alignde Vero tet cafunm multitudine legent?’
artentio ¢ animi Yigor opprimi [olet,

= S N e
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Prorositio IX

Sit eriangulum: quodcunque
bacguiusbafim b ¢ bifariam fe-
Cer ad ex angulo a oppofito cdu-
%a; fititem vt o&onarius ad qui-
Darium ita bc ad be,perquee
Wqa fireg zquidiftans lateri ec,
Occurrens re@zx ad inf, & lateri
bain g. Oftendendum eft vt fe

habet quaternarius ad vnitatem,

ta effe re@am ad ad d f, & ytfe
habet ternarius ad binarium ita

e g fad fe.

I) -4




2. fexti
Euc.

552 Tetragontfmicorum
uoniamin trianguload claterja c p

vallelaeft fe, ergo vicdadde, id eft vt

quaternarius ad vaitatemsitaefta d,ad dfe |
Per g agatur g h parallela retz b c occur” |
rens in h reéte ad. Quoniamin triangul" :
a b clateria c parallela eft ge, vtbhca

¢ csideft vt quinarius ad ternariisita b'g,ad
ga: fimiliter quia in‘trianguloab d latet
bd parallelaeft g h,vt bg,ad ga, ideft vf
quinarius ad ternarium,ita d had hazerg?
cum diuisdd ain ofto partes,reéta d feon®
tineat duas,reGtahatres, refidua h £ conti
nebit etiam tres ; ergo vt ternariusad bind”,
rium,itah fad fd :fed ve hf ad fd, ita'gf
ad fe (eo quod triangulagfh , efd finf
fimilia ) ergo vt ternariusad binarium, it#
gfad fe: ergo d felt quadrans re@tz a ds
& g fad fe eft viternariusad binarium,
quod erat oftendengdum.

COROLLARIVM, T,

Hinc patet fi per b & fducatur re@a i
occurrens lateriac ini ( quzcunque 19
re€tx g [ parallela ducatur in trifigulo a b¢
vt gfadfe,hoceft vt ternarius ad binarih

taeflereétaml madm n; 1n tridgulo en®

abcereta biedu@taextriangulo boppoli”
to ficut fecat bafimacini, ita & omneés
1phi bafi parallelas,quarum vna eft g e; f¢

gfadfeelt veternariusad binarium : erg?
&c.
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COROLLARIVM. 11

Siab c fit triangulum per axem homeco~
Conicz figure, cuius bafis fit ellipfis boc,
Vel _hypcrbola bs circa diametrum b ¢
dcfc‘ripta,cuius confugata fit d u: & fi eruf-

‘modi foliduin homococonicum {ecetur

Plano quocunque I no;vel qrscuius cum
tangulo a b c velr b q {e&io fit reéta In
Vel q r @quidiftanslateria ¢ , & cum bafi
fitre@an o vel rf zquidiftans reéte d u;
Mmapifeftumeft fe&tionem plani lno vel
q r s cum homoeocoenico cIllprlco vel hy-
perbolico habere centrum gravitatis in re-
&3 i b produdta, Oﬁenfum eft enimin
quinta feétiones iftas efle parabolas, quaru
diametri fint1n, qr: ergo cuml n, gt ita
feqz fint in m,p vtportioneslm, q p fint:
ad portiones mn , prficud ternarius ad

inarium, fegmenta eiufmodi parabolarum
habebunt centrum grauitatis inpunétis m
& p,ex oftaul fccundeqmpondaannum
Archimedis,

COROLLARIVMIIL

Inde vlterins efficitur centrum gravita-
Yis differentiz conditz de qua aglt corol~
airlum pnmum przeccdcnns efle in re@a
P;cum enim omnes eius feétiones cum
P ano paralleloipfi 1n o habeant centrum
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1g)rel uitatis in re@ta i b p, totadifferentia ha+
ebit centrum grauitatis in eadem ib p e

vndecima libri quarti, : |

COROLLARIVM. IV.

Siper b ducatur re@ta b t zquidiftans re-
&zd a,& occurrens re®tze fint, oftendi
exditis poteft re@@am £t eflc lateri a ¢ z-
qualem,reétamvero btefle ad da, veeft
quinarius ad quaternarium, Quoniam enim,
in triangulo tb e bafi t b parallela eft d fi
ficut b d eft quintupla re iz de 4 itabt
a.fexti erit quiatupla re&tz d filed d feft quadrans
E“C'l‘l“ re€te d ajergo re@ta b t eft ad ream d a vt
€f*™ quinarius ad quaternarium, Rurfus quonid
in trianguload c lateri a ¢ parallela eft f e;
ficut a d ad £ d,itaeritac ad fesfed ad ad
fd eft vt quaternarius ad vnitatem; ergo
ac ad feeft vt quaternarius ad vnitatem,
2. fexi fue veretabdad d e s fed verecta b d ad
Euc, desitaeftcfad fe (ed quad in triangulo
9.quin thelateri t b parallela fit fd ) ergo reta
© Eve. ¢ fequalis eft lateri a ¢; ac proinde redta tf
ad th et vtre@ta a c ad quinque quadrans
tes reftead,

Prorosirio ¥X.

Reuocati figuri propofitionis
gura p
quinta,itafe&afitc adiameterin
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nyeipfacaficad cn ficuti o&o-
narius ad quinarium;pern (quod
voco pun&um fufpenfionis fe-
cundz notum)a@afic no lateri
ad zquidiftans & occurrens re-
&z bdin o. Propofitum fit inuc-

_nire,pofito n o perpendiculo li-

brz exn fufpcnfae {patium quod
aeqmpondcrcr differentiz condi-
e dequaagit primum o&aux

corollarium, pendens ex brachio

gquante pcrpcndicularcm caden-

tem ex ainre®am by & ex cen-
tro b cdu&am parallelés lateri

ad.

Vit quatuot ad pulnqm ita fat folidnm
Yinuentum in pumo 1aim allegato corolia-
Mo oftaue propoﬁuoms ad {olldun §ivad
Lo exn excitetur perpendicularis nt -
(1‘33315 ptlpcndxculan cadentiex a in redia

¥ b.Dico {patium quod, libra t n {ufpen
cx n,pendens ext aqmpondmat differen-
e condiftz veiacet manenti & f(uften=

Gtz 3 ibrd tnefle zquale folidos,
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P g
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PerpendiculariexainreGtamd b demif-
{z ablcindatur ex re@2 nt zqualisn us
item vtlatus a d ad quinque quadrantes
reétz b dita fiat folidum i ad folidum x ¢
preterea per cagatur ¢ p zquidiftans re&te
b d,cui no produ&a occurrat in p,& com-
pleatur po qc parallelogtammum , iun-
gaturque eius diameteroc. Quoniam ¢¥
nonz corollario tertio differentia condiét2
habet centtum grauitatis inre&ao cr, qu¥
eft diameter parallelogrammipoq c pro-
duéta ; & quoniam pofito, perpendiculo
o d, brachio libre zquante re&tam n u, %*
quiponderans differentiz condifx eftio”
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lidum 1: velatus c q vel op ad latus cp,
ta erit ex prima huius equiponderans i
tefpondens perpendiculoo d,ad ¢quipon-
derans ex u, quod perpendiculon o ref-
pondet: fedo p latus ad ¢ p eft vt latus
adad qninque quadrantes reéte bd ex

_ quarto corollario pracedents : crgo vt la-

tus ad ad quinque quadrantesrefte bd,ita
cft folidum 1ad 2zquiponderans ex u: {ed
ita etiam eft folidum 1 ad folidum x :
ergo zquiponderansex u xquale it fo-
lido x. :

Rurfus quoniam ad, b y funt parallclae,
perpendicularis exa in ream by cadens

ex bad re&tam a d demuffa [e babet ad per-
pendicularem quz exa ad re&tam bd de-

.mifla fuerit,ficuti {e habet d b reftaad re-
Qamad (funtenimb d , ad finus toti, &

Perpendiculares finus re&i eiufdem anguli
3 d bsergo vt finus toti fine radii , ita finus
1pli recti ) brachium librz interceptum
Perpendiculisad,b y exre@aa b portio-
fem {emidiametro a b 2qualem auferenti-

‘bus, {e habebir ad alind brachiuminterce-

Ptan perpendiculisbd , a z exre@iab

9. quin
1 Euc.

“ ®qualis erit perpendiculari ex b in te@tam -
ad cadenti: & quoniam perpendicularis

Portionem femidiametroa b zqualem au-

ferentibus,ve fe haberre@ta bd ad 2 d:ergo
Virectabdadda, itaeft brachiuvm ntad
0 wergo per oftauam fecundilibri vt redta

dad daifa eft x fpatium ex upendens
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zquiponderanfque differentiz ‘condiéll=,
adfpatium ex t pendens eidemque zqui-
ponderans differentiz; illad fita, 3
Praterea quoniam vt folidum i ad folidi
X, ita ponitur recta adad quinque qua-
drantes re@te d b ; & vt folidum x ad {oli-
dumajita oftélum eft effe re@tam b d ad d a:
eft ergo perturbata ratio iftarum magnitue
dinum,atque folidum i ad folidum A erit
vt re€tad bad quinque quadrantes ipfius
db ; cltergo folidum A zquale quingue
quadrantibus folidi i; fed folidum 5 poni-
- tur etiam zquale quinque quadrantibus
folidi 1; ergo folida a & s funt ®zqualia 1n~
uicem : ergo folidum s pendens ex t zqui-
ponderat differentiz condiite, pofito librg
perpendiculo no : ergo innentumeeft foli-
dum s prout wflum fuerar,

COROLLARIVM.T.

Si per vagatur ¢ f reta equidiftans late-
r1 ad,occurrens diametro b a produ&tz'in
fpatet re@amn f efle xqualem reQzab:
cum enim ponamus re@am n 't effe zqua-
lem interuallo re&tarum a d,b y;& cam re-.
&z f1, n o ¢quidiftent codem interuallo,

to.fexti ergorete ba s o ferunt zquales;ac proin-

de ablata eadem an , refiduz b n, a ferunt
inuicem gquales ; erit etgo £ a quadrans fe=
midiametria b; :

dur L al > Wl LE ST e il T R e T Sl A i el
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COROLLARIVM IL

Quoniam in corollario fecundo o&tauz
Raruimus quando bafis 1 ¢ m eft femicircu-
lus , folidum i effe ¢quale parellelepipedo
Caius altitudo zquet perpendicularem ca-
dentem ex d in planum I ¢ m , bafis verd
Conftet quatuor trigefimis quadrati b c;
X prafenti aperté fequitur librd ex n fuf-
Penfd per no perpendiculum, folidum s,
Quod extzquiponderat differentiz con-
didtz, cfle zquale parallelepipedo ciufdem
altitudinis , habenti bafim conflatam ex
Quinque trigefimis quadrat b c; fed quin-
Que trigefimz xquant {extantem ; €rgo pa-
fallelepipedi zqualis folido s bafis eft fex-
tans quadrati b.c, & altitudo zquat per-
Pendicularem quz ex d in planum ellip-
{eos vel hyperbolz cadit,

Similiter quoniam in eodem corollario
“onclufimus quando-1m eft tres quintz

lametria ¢ in circulo ex centro b defcri-
Pto, folidum i effe zquale parallelepipedo -
CUius altitudo zquet perpendicularem ex

1n planum I ¢ m, bafis verd re@angulum

- Ub1'm & fub tribus millefimis ducentefi-

Jis quinquagefimis diametria c : ex pra-
cati fequitur libd ex n fufpenfd , perpen-
Culono, folidum s, quod extt quipon-
‘rat differentiz condiftz,efle zquale pa-

Wllelepipedo cinfdem altitudinis habenti
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bafim retangulum fubre&a 1 m & fub trte

bas millefimis diametri ac comprchen"

fum, -

Item quia in codem corollario flatui-
mus quando ] cm eft fegmentum hyper-
bolz notum iuxta primum feptimz ca-
fum, folidumiecfle zquale parallelepipe-
do cuius altitudo 2quet perpendicularem
cadentemex d in planum L ¢ m, bafis vero
fexdecim decimas quintas quadrati a ¢
ex prafents colligitur libra ex n fufpenfd,
perpendiculo no , folidum s 5 quod ext
zquiponderat differentiz’ condiftz , cf'rﬂ
zquale parallclepipedo eiufdem alurudi-
nis habenti bafim quatgor tientes qua-
dratiac,

Poftremo quandoquidem in codem co-
rollario probauimus , quandol ¢'m eft al-
. terum hyperbolz fegmentum notum juxt
fccundum feptimz cafum , folidum i effe

zquale parallelepipedo cuius  altitudo

zquet perpendicularem ex d in planum

lcm demiflam, bafis verd fit retangulum

fublm & fub triginta duabus quinquies-
millefimis centefimis quadragefimis quin:
tisdiametri ac ; ex.prafenti fequitur 1ibs
exn fufpenfa , perpendiculo n o ; folidum®
s, quod ex t zquiponderat differenti®
condiétz,effe xquale parallelepipedo ciuf
_ dem altitudinis habenti bafim rectangy”
lum fub re@td 1 m & fub ofo millefimi’
vigefimis nonis diametri a ¢ comprehen?”

“r] I,
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ProrosiTtio XI.

Refumpta figurd precedentis
Propofitionis , linea quadam
Perpédiculo n o manéti parallela
Intelligatur moueri perlimbnm
fegmentilcm, & ita defcribere
ﬁlpcrﬁcicm cylindraceams item
Flu&ﬁ per ¢ tangeniec ¢, idcéquﬁ
1pli | m zquidittante, intelligatur
Ciu{modicylindracei fecariplano -
d ¢ ¢ininfinitd produ&o. Portio
Cylindracei definita planis dce,
le m&{uperficie cylindraced vo-
Cetur alzer cune’ notus v diftingu-
tflr‘ A primo. cuneo-notg propoii-
Nonisivigeima {exte libriiquar-
P35t .

Hjs.ita conftitutis, propafitum

It inuenire fpatium quod ex pun-
%o £oendens,libriexn {ufpensa,
Perpendiculo n oy aquiponderer
N n
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cuneialterius noti portioni intef
queuis condidta plana parallels
feptz.

7\‘ "/4 £ g |
* V¢ binatius ad ternarinm ita fiat folid’
sinuentum in przcedenti ad folidum g
Dico fpatium g efft illud quod qurits”
Qnoniam enim cuncus alter ad differe” |
tiam condi&am ipfo inclufam itafe hab¢”
vt fi quocunque ad planum k ad gqui®s |
ftante plauo (ecentur,{e&io cunet fit, |
mox oftendetur , ad fe&tionem differen!
condiéte vt ternarius ad binarium, ipf“’?:
quoque cuneo gquiponderans erit ad ¢q”

ponderans condifte differentig vt tetn?
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tius ad binarium,prout ex vndecima ante-
tioris libri conftat : ergo {patium g =qui=
ponderat cunei alterius not: defignatzpor-
tioni. : '

Seftionem autemn eiufdem cunei eflc ad
fe&tionem differentiz condiftz, vt eft ter=
narjus ad binarium oftenditur hog padto,

Primim quidem cunei feGtionem efle
parallelogrammum cuius duolatera paral-
lela fint perpendiculo no,eadem planc ra-
tione probatur, quain prioris libri vigefi-
mA primd in causd non multim difcrepite;
feQionem differentiz condi&tz efle para-
bolam cuius diameter fit parallela latert
ad conftatex quintd huius; ex prima vero
antecedentis libri modo citau clarum eft
parabolz fegmentum efle duos trientes
parallelogrammi cuius latus vum fit ipfa
{egmenti bafis,aliud oppofitum fit tangens
parabolam; & duo aliafint diametro {eg-
menti parabolici parallelasergo cunei {eétio
eft ad feftionem condiftz differentiz vt
ternarius ad binarium: ergo inuentum eft
fpatium ex prefcripto problematis.

COROLLARIVMIL

_ Expracedentis fecundo corollario & ex
A demonftratione confequens fit primo
quando arcus 1¢ meft femicitculus, foli-
dum g effe zquale parallelepipedo cuius
Altitudo zquet perpendicularem ex din

Nn2
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planum I'em demfam,, - bafis vero qua-
drantemquadratib ¢:: nam vt binarius ad
ternarium,ita cft fextans five vocie bina)
ad quadrantem {iue ad vncias ternas,:

Secundo quando 'mreft tres quintz di2-
merri a ¢, ex ¢codem corollario fecundo &
ex prafenti{fequitur folidum gefle zquale
parallelepipedo cuius altitudo zquet per
pendicularem exd inplaniil c m dem) s
bafisvero re€tigulii fub 1 m&{ub noug bis:
millefimis diametri a c coprehenfum,quod
eft zqualeviginti feptem decies millefimis
quadratiac: nam vt binarius ad ternariuin
ita tres willeimz ad nouem  bis-millefiz
mas;& vt quinarius ad ternarium, hoc efls
diameter a ¢ ad 1 mitanouem bis-millefi«
me ad viginti {cptem  decies=millefimas;
ac proinde re&tangnlum fub mediis xquale
elt re@angulo {ub extremis.

Tertio quandol'cm eft primum fegs
mentum hyperbol® notum indidem con=
ficitur folidum g efle xquale parallc]epipe‘
do cuius altitudo zquet pcrpcndicularen}
ex d in planum | c m cadentem; bafis vero
fex trientes, hoc eft duplam quadrati ac?
nam vt binarius ad ternarium, ita quatuor
trientes quadrati a ¢ ad fex eiufdem trien
tes,hoceft ad duplum eiufdem,

Quarto quando 1 ¢ meftalterum hiyper-
bolz fegmentum netum , ex iifdem confe:
quitur {olidum g efle 2zquale parallelepipe”
do cuiusaltitudo 2quet perpendicularel®
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% d inplanum 1 c m demiffam ,* bafis au-

- tem retangalum fub lm & {ub duodecim

Millefimts vigefimis nonis , hoc ¢ft fub
Qudtuor trecentefimis quadragefimis tertijs
diametri a c;illi autem re€tangalo aquales
unt quadrati a ¢ fexdecim bis-millelime
Quadringente(ima prima quadrati a ¢;pam
Vt {eptenarius ad quaternarium, hoc eft vt
¢ diameterad 1 miita quatuor trecentefi-
W quadragefimz tertiz ad fexdecim bis-
"Millefimas quadringentelimas primas , vr
& logiftica conftatergoeft qualitas inte-
Memorata reftangula, cum corum latera
Teciproca fint,

COROLLARIVMII.

N
Quoniam ex. nond pun&um o itadi-

‘Uidit axem coni cuius ttiangall per iplum

Ixemeftad c, vtdofictriplare@tzob
x duodectma quarti ; & quia conidac
C)iiindrique prafctipto modo defertpti fe-

lones effe@te occurfu plani cuiushibet
‘ondi@; funt utbinariasad ternarium; in
odem ¢ondifto plano per n o perpendis
“8lum duéto manebit centrum grauitatis
Unei fecundi noti a ¢ d;ac proinde fi libro

- ®Xa perpendiculo a d fufpédatur, brachia

:':gllanté diftantiam pun&otum 3,65Vt dia-
Metera ¢ ad an, hocelt vt oftonarius ad
“Matium | ita erit cuneus fecundus notus
% ¢ d ad equiponderans fuum : iftad ergo
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xzquiponderans erit tres . oftauz cuncl
Quoniam vero ifte cuneus eft dimidium
cylindri, cuus bafis oppofita bafilcm
tranfeatper d ( iftud emm fimili quadam
ratione,qua apud Euclidem de folido pa’

12, vn-fallelepipedo, oftenditur quando cunc!

dec. bafiseftellipfis integra , vel eius portio

kue.  compofitaex 2qualibus & fimilibus ad op”
pofita centri b partibus pofitis inter 2qua*
les ordinatim applicatas ) zquiponderan’
ipfi cunco erit 2quale tribus dccimis fe%”
t1s einfdem cylindri,

SCHOLIVM.

Refta ad Vi demonftratorum ]m‘?cmupa”ﬂ
ad reltam aceffe Vicungue inclinatas nos th°
men in fequentibus maioris lucis causd pont”
mits effe pfrpend'iculm'_em > Ytip[anon d:ﬁi:tfi'
aperpendirslariexd in planum Lc m demifsé
atque adeo linea reFe n o Vel ad paralleh
deferibens motu fuo fuperficiem cylindracean
Sitquogue ad plansm [ ¢ m perpendicnlaris,

Caterum quando [ cm eft triens cirenl’y [
lidum ¢ prafents methodo inuenimus effe pi*
rallelepipedum cuins altitudo [it perpendict’
lavis ex din planum lcm demiffa o bifp
Yero ‘vedlaneulum [ub | m latere tr?4ng1’['
equilateri inferipti, ¢ fub tribus fexagef
mis guartis [emidiametri b ¢ 5 Vel fub fem*
lateve difto 6"'ﬁ45 tribus ﬁxdg{ﬁmis gﬁa?‘”;
diametri 4 ¢,

s
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Prorositio XIL

Sit ellipfis vel hyperbola c ¢
ex centro b deferipta , cuius dia-
meter a ¢ punéis a & c termine-
tur, cique coniugata ficb l:ad pla-
num ellipfcos vel hyperbolzcr
per acinfiftat re&tum planiiadc,
& inco fit no reca perpendicu-
laris ad a c diametrum , {emidia-
metrumque ab ita in b {ecet vt
nb fic quadransipfiusa b: cllipfis
vel hyperbolacr {it vtinprace-
denti propofitione bafis cylin-
draceidefcripti motu linez 2qui-
diftantis re@®no: vlracentrum
bad partes ¢ fumptum fit quod-
vispun@tumi, & perillud duéta
it faciens cum a c angulum acutil
2 itad partes centri, quivocetur
internus,&angulum ad verticem i
1t oppofitum, quivocstur exter




568 Tetragoni[micorum
nus:peridudta fitcondi@ari, id
cltparallela femidiametrob 1, &
intelligatur planum tir,eique pa-
rallelum d cefecare cylindraceam
figuram; erit-acd cuneus altef
notus; cuncus autem aitvel eiad |
verticemi oppofitus vocetur me- !
- diusivebiad femidiametrum b ¢y
itaflatbnre®aad bs, & agantur
perb & sre&abu, st equidi-
ftantes reGz no.Voco b piiGum
prima {ulpenfionissn,fecundz;s,.
tertiz; & b u,n o,s t,perpendicu-
lum prima, fecundz |, tertiz fuf
penfionis. :
His ita confticutis’ propoficum
fic inuenire {patium quod Zqui-
ponderat portioni -cunei medij
habetis ellipfim vel hyperbolam
probafi,& plano'y b1 ad parcs
a finiciy intercepra quibufcunque
planiscondi&is , brachio xquan-
te “diftantiam perpendicul orum
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by,ad,& pofitalibre fufpenfio-
Ng tertid exs.

o

Condiéta plana fumi poffunt uel ad par-
_teSEDguIi interni vel ad partes externt, ex
Wis enim duobus cafibus folitur tertius,
QUando nimiram plana condiéta funt ad

Partes angulorum oppolfitorum.,
: }Pro primo cafu defighata (int condi&a
I’Q;?a Azm, pirin clhpﬁ quidem ad par-
» 1oternt n 1 o, pun&to i cadente inter b
.Stn hyperbola vero ad partes externi
altlc?f Pun&o ¢ cadenteinter b & i,prout in
t0 appofitorum fchematum defignatur,

Primusg
calus.
®
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Ve bire®aadb c, 1ta fiati § quadrans
re@zip inter refasac, cdclaufz &2-
quidiftantis re&z b u, ad i x, & completo
parallelogrammo i x e z inueniantur pet
vigeimam quintam quarti libri fpaua A
B, libra fufpensa ex b primo fufpenfionts
puné&o,zquipdderitia cylindraceis i ppd
1 x e z fingula fingulis,, brachio xzquant®
re@am ba,(tucdifiitiam parallelarum a d;
b u.Inueniatur ex vandecima huius {patit
D exn {ecundo fufpenfionis punéto 2qui
ponderans cunei alterius_noti portion}
wpiz;ex D demantur A, B, refterque Er
Dico fpatium E fufpensa libra ex s terti?
{ufpenfionis punéto, quiponderare cunt!
medii portioni A1Z.
Quoniamvtbire®aad b ¢, itaeit i
ad 1x vel (produéta e x donec occurrat ¢
&z ¢ q inv )ad cv;ergo alternendob ¢, ¢ ¥
funt vt bi, id:ergo fi compleatur triangy®
1ab cv, bi erunt fimilia , ac proinde an”
eulus ¢ b v zqualis angulo i bsrecte erg?
b, by ibi inuicem congruunt, Recta b
produéta occurrat reitz z p ing, & pet
agatur J h zquidiftans re&te xe.
Rurflus quoniam in triangulo v ¢ g lat€’
ri vexquidiftatd h,& lateri g e xquidiftat
Lxvenxad xe,itaeritvd add g, & vty
e ad ~L z ita ericeh ad hgiergo vivx ad x €
Euc. fwevtciadiz,itachadhg. Fadem de

can<d cim in triangulo ¢ gz reta 1 A &
quidifter latericp 5 vtciadiz., it
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it A x ad za ergo vt eh ad hg,
ta A g ad z A, Cuneus ergo h g eftad cu-
Utumizavireftahgadza , vel virefta

eshoceft x«,adap veladpi;& in eadem
tatione eft cylindraceum xeh adpiag,
Vt ex vodecima prioris libri, vel ex fexta
Primifolidis accommodata conflat: quo-
Cunque enim plano condiéto {ecentur fe-
tiones funt vt recta h gad za,quod faci-
Radmittit, qui demontltrationisin vigefi-
mé\f“‘p{imfi libri quarti addu&te meminir,
Rurfus quoniam vt b iad bc, ita poni-
lus effe bnad bs , | ergo diuidendo,
Vel per dinifionem rationis , vtbi reéta .
ddci, ita erit b n re®aadfn : fed vt
bireQa ad ¢ i,itaelti~hre@taad x4 ( eo
qued in triangulo b i re@tzcv, v -
quidiftent lateribusi, 1 ¢ ) ergo vt bnad
Snoiitaefti+ adx4. Cam igiturvea b ad
n {ui quadrantem,ita fiti padix, & vt
bnad { n,ita fit 1d ad x4}, erig ex ®quo vt
abad(n,itai padxifedveipadxd,ita
oftendimus efleia zad L h g; eigo vtab
i smitaiazadd hog
Quontamergo ex n fecundo punéto fuf-
Penfionis 2quiponderans cylindracei por -
Yonip i apelt per decimam fecandi fpa-
“um primae fufpenfionis A vna cit ipfius
Quadranteid h z: ergo conflatum ex A, B
Q‘(‘lcnim B ®quale portiont i+ gz cunei
Primincti bev ex vigelima (extd libri
darti)equale et zquipoderanti ex s libra
Wpesi cylindraceo p ia w&in fuper por=




Secun-
dus ca-
{us,

572 . Tetragonifmicorum . -
tionid h gin hyperbolz {chemate ; in C]h:
plisvero diagrimate coflatii ex A Bynacil

- portiones hgzquar di&um zquiponde”

rans : ergofide fpatio. D , quod indiden
cuneo i p pzzquiponderat ', deducantuf
A B relinquetur fpatium E quod in hypet=
bola auti fpatio h | ¢,vel co minutum in
ellipfizquiponderabit cuneo ia z:cam igi
turvereftaa badnssitafitia zadlhg
fifufpenfio ex n fecundo punéto , transte-
ratur iu tertium s, xquiponderans cuncod
medioia z erit E, per decimam fecundi li-
bri citatam » quod pro primo cafu dcbui=
mus demonftrare,

Secundd condita plana cadantad partes
anguli interni c i q in hyperbold,& exter-

- ni in ellipfi,pun&o i manente vt in figuris

primi cafus, quz ifti etiam “deferuiunt ; €3
vero fintpir,qce.Redtz p ifit 14 quadras
vtin prioricafu , produ@taque h+ occor=
rat re&te cvinm, Inuenta (int'A & B li-
bra fufpensa ex b primo {ufpenfionis pun-
&o zquiponderantia cylindraceis g cp 1,
cv xi fingula fingulis vt in prazcedente
cafu ; inuentum quoque fit {patinm D ex
n {ecundo fulpenfionis punéto zquiponde-
rans noto caneo altero cpi,atquecx A B
dedu@tum D relinquat {patiom B, Dico
ipfum Elibra fufpensd ex tertio n fufpen-
fionis punéto, =quiponderare cunco me-
dioci q.

Quoniam cylindraceo c v xi exb equi-

/
\

|
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clli= | Ponderat fpatium B, critipfum Bex vige-
ach | lmad fextd libri quarti zquale portioni
de? | €7 i prmicuneinotic by: ergoB vna
( fm cuneo v m ®quat quadrantem cy-
' lindracei c qi pin hyperbola; in ellipfi
ers | Vero eundem quadrantem excedit eodem
110 { "ty m:ergo libra firité fufpendi ponatur
igi® | ®x n f{ecundo {ufpenfionis punéto, =
1% | Quiponderans ipfi ¢ q 1 p eil aggrega-
fe+ | umex A D & ex cuneol vmio hyper-
ned | Bolq , in cllipfi vero eft idem aggregatum
li- = X A B dedu@o . v'm:ergo fi inde dedu-

ui= Catur D ;rquipé;icrans noti {ecundi cunej
Cp 1, relinquetur zquiponderans cunei

teS ol Medij ciq, wvidelicet.aggregatum ex E

er< | % cuneo+ v m in hypeibola,m ellipfi ve=
1S L f9apfum E imminutum cupeo-l vm s cum
ed | 2o cancus ¢ 1 qfit ad cuncum v m vy
A5 Yetaabad ns  (iftud 'entm codem padto

i

!
= Sltenditur quo in priore caft oftenfum eft

\ ‘Uneum a1 zefle adcuncim b g, vt eft
n* | &3 abad ns)zquiponderans librd’ fuf-
Pensi ex s cuneo medio ci'gerit E | quod
Pro cafu Tecundo demonflrapdum erace® 1.
X Terioin hyperbola pun@umi cadatin- tius
e~ | "rb®& ¢ condifiaque planafint ad partes cafus.

—
3

B | 0guli externi ( nam ad inferni partes non
0. [ Perinee hyperhiolac =Y q ¢¢ azmiinelli-
0| Pl Ve punétum ¢ iaccat iteri & b
- Ondicidque ‘plana fint ad partes intersi,

& ¥ - .
v Amad externi partes non‘pertingat elli.

i | 'phs,
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Sumatur re@a i quarta pars reftz 17 |
velq ¢, & inueniatur A zquiponderan®
cylindraceo q ¢ » p libra exbfufpensﬁi (
item B cylindraceo c v € Z execodem bj
& D noto cuneo fecundo € z ex {ecud’
dopuucton. Dico conflatvm ex trib$ |
A B D libra fufpensa de tertio {ufpenfio®
nis puno s ¢quiponderare portioniagc?
cuneimedijqic,

uoniam vt a b,bn,itai p,iJ,& ve b1
sn, itailalx (vtenimbi,ci,itabn; s9
ex demonfiratis fuperits; vt avtem bi s €)
vel v itai x4} ¢0 quod triigula b i«k{”‘“!

fint fimilia)ergo ex 2quo vta b,sn,itas! P’
- . L]
x4, vel iftis zquales q c; m v Rurfus quo” |
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Diam triangulaaiz, h+ g habent latera

'z, g fimilirer fefta in c,v,& per c,vdu-=
&z fuat ¢ ¢,y ¢ 2quidiftantes lateribus i a,
Yhyveciadcz, itaerituaad z u, & eh
Veld xadg e: ergo alternando vt ua vel
qc retaadeh vel m v,ita zuad ge:eigo
Vt q ¢ retaad m v, 1ta elt cylindraceum
Qeamadmrhe, & cunetis ¢ x z ad cu-
Neum v € g: & compofita ex antecedenti=
}bus magnitudoa g czad compofitam ex
confequentibus m vg b: fed vi gcre&taad
I y,ita modooftendimusefle a badsn;
¢rgovrabad sn, itax q ¢ z portio cylin-
dracei ad mvgh, ‘

€um ergo ficutin priori cafudiximus
®quiponderans ex b cylindraceo cvez fit
€ vgzerit B ipfi cv gz zquale:ergo con-
flatum ex A, B, D, continet xzquiponde=
rans partium qca g, ¢z g libra ex n fuf-
Pensa, & infuper in byperbola portionem
m yg h;in elliplivero conflatum idem ex
A, B, D continet 2zquiponderans pattium
qcA m,czp imminuti eadé portione mygh:
ergo coflatii ex tribusA, B, D zquat ®qui-
PSderans librd appési ex's portioni Aq ¢ z
cunei medij,per decima fecundilibri,quod
dermonfirandum erat ad tertium calum,

COROLLARIVM.

" Quoniamb neft quadrans femidiametri

be, re@angulum ¢ bn erit zquale quartz
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parti quadrati b, hoc eft quadraro qU_Od
poteltfemitfis re@e b c,fiue quadrans dia®
metria c; & quoniamre&angulo c bn 2
quale eft re@tangulumibs (habent eni
ex conftrutione latera proportionalia)erit
ipfum ibs zquale quadrato quod poteﬂ
quadrans diametri a c ; hoc eft, tres rect®
1b,quadrans diametria c , & bs fung pro*
portionales.

SCHOLIVM.

1n iflis omnibus. cafibus quamuis Ynum €¥

condictis planis alfumptis non fitpir, femper
tamenin rectd i p fumidebet il quarta ipfins

parssatque Ve biadbc yita fieri idad i xdes

bentque inngivedtabd, by : demon/trati?
enim boc pofito recurrit eadem. _
Porro &quiponderans cylindraceorum geams
¢ vezeffe idem cum equiponderante cylindrar
ceorins itfdem condittis planis interceptoru
o~ habentium pro bafibus portiones ellipfts
Yel byperbola iifdem planis intercepias,eandem
que 41titudincm,4permm eft ex Yndecima prio?
vis libri : Ita enimfunt conflituta v guocn
que condiflo plano fecentur . eorum [ettionts
fint innicem «quales; quod [atiseft ad hoc, 7’,’
ex Yndecimd citatd | Vel ex [exta primi [olids
accom modatd ettt fmods plana fint equatia , O
habeantin codem condito plano centrum gré°
uitatis. s

Qudd fi roges cur nullus cafus, ponat plat®
con”

~
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condifaVitra b ad paries a, rej}onﬁo conflabis
¢x [equentis corollario primo, inde enimpate-

i3ds non 'fuiffe neceffavium cim ex iam de-
monflratis facilius pro illo cafis obtineatur =
Guiponderans. : .

Calculum hisisis propofitionis abunde [uffi-
Sient tibi gua'ifii proximam ﬁt&ﬁfmmtur.

Px arp ositro XIIIL

Sicplanafiguraalcm habens
Srauitaris centruminre@iac,cu-

lus coccurfu’ Ivm - &  omnes

1pli 'z quidiftantes ‘bipartits {e-
Centur.Sit ad planum a ¢ perpen-
dicularisnd, & per ambitum fi-
gurz alcm lincaparallela rede
dnincedens defcripferit {uperfi-
Cicm}cylindratcam s pernd f
Quzcunque duo punéta re@z ac
®tiam produdte, due fintn Qe
Condi@ e, ideft 2 quidiftantesipfi
1 m, & 'du&is per cadémn & f;n d,
S perpendicularibusad a c &qua-
llbus,' intelligacur cylindracenm
; ' O o
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fecari planis trafuerfisen q,dfg |
& abfcindi cuncosnfd, fnc,qut
VOCENtUr coniugatiy ctiam cufd
perpendiculares n d, fe, fuerint
inzquales. His itapofius.
Oftendendum eft {i planum
a1l mintelligatur horizonti zqui-
diftans,& re@a a clibra fuftentas
cuneum n f d ponatur fufpendi ¢¥
n brachio quocunque nr 5 &qui-
ponderans ex rcuncinfd portio”
ni quibufcunque duobus: planis
condiétis , id eft parallelis plano
d q nyintercepra ¢ffe zqualefpa-
tio quod libra fufpenfaexf, bra-
chiof s zquante ipfumn r, zqui*
ponderatexs portioni cineifne
inter eadem condi&a plana pofi-

L. ‘

Intelligatar linea nkf ita defcripta it
planod n f, vt quzcunque u.z 2quidifts®
rectze n d ducatur > occuirens diametro 3 ¢
(ita enim vocetur) inu e intern & f
fiue extra pofitojrectis dfneiny,z; |
linez n K f£in ksficut autem road n u, 1
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fitu y adu k;linean kf ex duodecima ter=
tij erit parabola. Praterea quoniam trian -
gulanuz,fuy funtfimilia; vtnuadu f, 4,
Maerituzaduy: ergo rectangulum Gub tiEuc.
Xtremisn u,u y eft 2quale rectangulo fub
mediis u f,u z, Quoniam ergo vtr n ad
Tu,ita ponitur u y adu k,rectangulum fub
Mediis nu, uyerit zquale rectangulo fub
Extremis nryu k. Vtfs ad fuita ponatur
U Z ad u a; erit ergo rectangulum fub me=

s fu, uz zquale recrangulo’ fub' extre-
mis f's,ua: fed rectangula in vtroque cafu

ub mediis funt invicem » vt oftendimus,
*qnalia;ergo rectangula fub éxtremis funt

Oo 2




+

s80 V Tetragonifmicorum

quoque zqualiajergo cum lateran r,fs {int
zqualia,bafes uk,ua erunt inuicer qua-
les;ergo eadem linca n k fetiam vitra pun”
cta n & f prodacta defcribetur, {1 vt £s ad
f u quamcunque portiontmrecte foneuam
productz,ita ponatur uz intercepta lineis
fn, n ein infinitum _eductis , & paralleld
rectz n d,ad u ainterceptam recta fin &

parabola fa n, \
Quoniam ergo cunci fectiones factz oc»
curlu plani condicti {unt parallelogram-
ma, vt in vigelimd prima quarti oftenfum
eft,quoram bafes funt ordinatim applica-
tz ad diametram a c;fectiones facte oc-
curfu condi@ti zut erunt parallelogram-
masfimiliterque fi per parabolz n ks peri=
metrum intelligatur moueri linea recta ==
quidiftans codicte] m, folidi comprehenfi
bafi Lem ; & cylindracea fuperficie bina
motu zquidiftantium rectisb o,1m deferiz
ta ( eiufimodi folidum voceturdicyline
draceum , & {11 ¢ m fuerit elliplis vel by~
perbola dicylindracenm notim ) {ectio con-
di&ti planicum dicylindraceo erit paralle:
logrammum , cuius bafis fit cadem condis
&a, & altitudo fit linea fecundum quam
condi@tum planum fecat fegmentum n X f,
2. fexti parabolz, . Quoniam crgo iftz omnes fe*
Eu¢.  Qiones dunt parallelogramma rectangul?
{oper eadem bafi conftruéta, eruntinter fe
vt altitudines : quonjam vero vt brachit
rnadnuitachre®tanyaduk, &yiny
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ad g k,itaeft re@angulum fubu y ', t'xad
YeQangulum fubu k;tx zergovtrnadn u

Ita feétio cunei n f dadfeétionemdicylin-

dracei; quod ctimin omnibus fetionbus
occurfu condi@torum planorum gemtis
eueniat, totum dicylindraceum zquipon-
derabit cuneo nfd,& pats parti, prout in-
traeadem condiéta plana fibi refpondent,
ex feptima fecundiad folida translata,
ficut in vigefima quartd prioris libriexpo«
fuimus, = Eodem plan¢ modo oftendetur
idem dicylindraceum 2quiponderare cu-
neo £ ne, librd ex ffufpensa,aliifque iuxta
propofitionis prafcriptum:pofitis; ergo id
demonftratum eft , quod fuit propofi=
tum, e

COROLLARIVM T

Ex modd demonftratis liquidum fit
qued in fcholio pracedentis in hunc locu
diftulimus;fienim1 ¢ m fitellipfis vel hy-
perbola ex centro b defcripta , & nb fic
quadrans femidiametri> & ca fit acics fe=
cundi cunei noti y queratiirque ¢quiponde=
rans ex r,libra ex n fufpensa, portioni cua
neifecundi noti conclufe condiétis fecan-
tibus femidiametrum a b;punétum {ufpen-
flonis debet(paritate brachij {eruata)poni
In ¢, & n qintelligi acies cunei cn p,& 1a
€ precedenti inuenietur portio dicylin=
draces 2quipondcrans portioni cunelcn p
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-condi@tis memoratis intérceptz : iftud
namque zquiponderans zquale eft ex prz-
fenti demonftratione Zquiponderanti quz-
{iro.Ifthzc methodus inaliis fimilibus ca-
fibus obferuanda pariter erit,

COROLLARIVM. II.,

Sivtcnad cp, tafiatc aad a B reétam
per adu&am parallelam te@end, libra
ex ¢ fulpensd , brachio zquante femidia-
metrum, perpendiculo ¢ p,zquiponderans
cuneic n p portion: interceptz planis c6-
diftis b Lip c A, eft 2quale parallelepipe-
do cuius altitudo a B & bafis =zquet qua-
drantem quadrati ex femidiametro b ¢ ge-
niti. Iftud apertum eft ex prafenti ;i enim
conne@atur re&a ¢ B,& intelligatur plano
condito B ca fecari cylindri fuperficies,
abfcindetur cuneus{ecundusnotus n ¢ B,
eruntque ex prefenticuneinc B, cnp
coniugati; ergo {patium quod zquiponde-
rat cuneo n ¢ B,librd exn fufpensa,brachio
®quante femidiametrum a b, zquiponde-
rat quoque cunco c n p libraex ¢ fufpensa,
pofita paritate brachij, vt in prafenti de-
monftratum eft:atqui ex primo epilogifmo
corollarit propofitionis vndecime {patium
#quiponderans cuneo noto fecundo eft il
lud quod iam affignanimus cunco c n pier-
&o reéte fuitaffignatum.
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Quod fi , iifdem pofitis 1 ¢ m fit fegmen-
tum hyperbol® notum , ac proinde condi-
&a 1 m fit vltra pun&um cad partes f; li-
brd ex ¢ (ufpensd , brachio 2quante femi-
diametrum, perpendiculo ¢ p 2quiponde-
rans cunei ¢ n p portioni interceptz planis
condiétis p ¢ A & k1 m ,oftendetur code
omnino pafto efle zquale parallelepipedo

| cujusalttudoa B , bafis fit dupla quadrati

quod poteft .diameterac : hoc enimita
computatum fuit in epilogifmo tertio co~
rollarij memorati,

COROLLARIVMIIL

Ex iifdem occurrit quadrature dicyline
draceotum notorum numero infinitorums;
per precedentem eénim obunetur @qui-
ponderans innumeris cuneis quorum bafes
fint portiones ellipfeos vel hyperbolz ; ex
1t3 autem conftat eiufcemodi @quiponde-
tans effe 2quale dicylindraceo quod inter
eadem condi@a plana refpondet portioni
cunei librate, Czterim iftorum dicylin-
dracecorum tetragonifmus eft quafi aurora
aduentantis quadraturz circuli: nam cu-
neo {ecundo noto , cuiusacies fitca & ba-
fisa ¢ minteger femicirculus aut ellipfis,
quiponderit librd exa fufpensa, brachio
®quante diametrum ac, tres decime {exte
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cylindri eadem qua iple cuneus altitudine
przditizergo dicylindraceum ifti cuneo ita
refpondens, efl tres decimz fexte cylindri
¢rgo quadratura iftius dicylindracei do-
cet quadraturam circuli : habet ergo dicy-
lindraceorum quadratura cum tetragonif=
mo circult & ctiam hyperbolz connexio”
nem tantam 4 ve quamuis hic finem inue-
niendi faceremus, multdm tamen Deo de-
beremus, quod ex tam denfis tenebris in
admirabile iftud lumen nos vocarit,

COROLLARIVM, IV.

Ex przfenti fchemate colligitur etiam
cincos coniugatos en f,d £n inter condi-
€aplanatbl, d ca inclufos fi ex quo*
cunque pun&to n diametri 3 ¢ feorfum
(pofita brachij paritate)fufpendantur per-
pendiculo n d, differentiz zquiponderan-
tium coniugatis efle eandem cum diffe-
rentia 2quipoderantium portionibus p h ¢,
#hf, quas voco cuneos primos aterales,
& ad corum mutuum relpe&tum fignifi*
candum,primos collaterales.Quoniam enimnt
folidum b 8h ¢ c habent commune, diffe-
rentia zquiponderantium 1pfis non pro-
venict ex zquiponderante {olidi b8 hec
(eft enim idem ex eodem » iifdemque pof:'
tis)ergodifferentia, fi qu f{itserit 2quipo-
derantium  refiduis collateralibus pho
uh o,
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Quod fi ex reétis by, o pabfcindantur
b £ cd zquales rectis B, 0p, &idulto pet

h condito h= 8 fecante digmetrum a ¢ in

7,wungantur retz £ 74 7, & intelligantur
Planatranfuerfa £ 78, p# anferentia
Cuneos + b7, « 7 8 cuneiifti ablau

1 fe habebunt ad collaterales , finguliad

fingulos, vel totos, vel fecundum partes in-
tra eadem condita plana claufas (umptos,
Ve ipls {int zquales, & habeant 2qualiaze-
Quiponderantia iifdem  pofitis. Iftud etiam

 manifeffum eft ex prx::édcntc :efle entm

*quales eodem plane modd oftenditur,
Quo1d demonftrauimus in primo calu , ex
o quod condi@ta plana faciant in eis fe-
&iones zquales : habere autem idem zqui-
Ponderans non aliter probatur, quam pro-
batym fuitin {cholio, Ciincos pho uht
Vocabo laterales €~ collaterales [ecundos |
Quoram hzc eft infignis proprictas vracig
habeant in eadem condita 78 , & vous
¥ ¢ fitad angulum externum, alter £ # b
fitad intern, pofitaa c diametro ellipleos
Vel hyperbolz ficut in precedentis dia-
Stammate ; vnde viterds ex iamcitata
Propofitione efficitur iftud notandum,f vt

27 ad quadrantem diametria ¢, ira fiat

Iple quadrans ad b &, librd ex & fufpensa
ertio. videlicet fulpenfionis punéo , in=
Benirg {patium quod {'mgu]is eollateralibus
Equiponderat,iftorimque ®quiponderan-
Yum differentiam effe xqualem differen-
Uz fpatiorum guz portionibus memoratis
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conjugatorum cuneorum f{corfum , zqui-
ponderant,librd¢cx &Mulpensa , cxterifque
tifdem fumptis,

COROLLARIVM V.

Hoc quoque adnotare intereft ad fe-
quentia,fi fit quicunque cuneus fn ¢, & li-
brab c fufpendatur ex nin quo cunei acies

‘g n fecat diametrum , brachiumque libr
n & quodcunque ponatur & Equet reftam
n =, & per xagatur 7 h perpendiculo nd
2quidiftans,occurrens re&tz n e in h,atque
per h intelligatur duci planum zquidiftas
bafi q ¢ m;cylindracei inter iftas duas ba-
fes contenti parti fpatium ex & zquipon-
derans effe 2quale cunei £n ¢ portiont iif-
dem condiéis planis cum cylindracei pat-
te comprehenfe; idque apertum effe ex vi-

gefima fexta libri quarti, Infuper cim, 1f” | -

dem pofitis, ¢quiponderans ex & parti cy*
lindracei fit ex vigefima quinta prioris 1&-
bri ¢quale parallelepipedo cuius altitudo
o« h eadem que cylindracei, & bafis equet
{patium quod i1ifdem pofitis ¢quiponde
rat bafi partis cylindri; effe zqualitater?
intercunei, & parallelepipedi partesme”
moratas:ac proinde {i cuner pars memor#
ta conuertatur in parallclepipcdum algaty? |
dinis vh , bafim ejufmodi parallelepipsd’
efle zqualem fpatio quod bafi zquipos”
derat di&a 1am ratione.




{-

;, €9 im Wl R o

Elementornm Liber V. 587
Pnor»osx'rzo XIV.

Pofito ante oculos diagtam-

Mate propoﬁtloms duodcmmx,

quod inferuit tertio cllnpfeoa ca~
fui;fich i partium quinque cuiuf-

. modi {femidiameter b ¢ quatuor ;
(it ftem a ¢ diameter circuli ; &

condij@taplanaubl, q csexeo
Auferant trientem c1rcu]1. Often-

dendumeft primo portionizaqc

cunel mcch; nio, quiponderans |

 librj exs fufpensi , brachio -
quante femidiametrum, effc -

quale parallclepipedo cuius ald-
tudoad, bafis (it re®angulum
fub fcmllatcre trianguli 'eqm]atc-
l’lcm*.ulc:lcmfcnpn, & fub vi-
ginti {cprem pambus cuiufmodi
diameter a ¢ continet centum fc-
Xaginra s rectam autem b s conti-

- Nere quatuor partes , quales in fe-




588 Tetragonifmicorun
midiametro b c funt viginti ; yel
vnam quales in femidiametro |
quinque. ' (
Quoniam enim vtb iad b c;itaeft bt
ad bs;bi autem ponitur quinque cuiuf
‘modib c quatuor; velb ivigint quinqués
quales b c viginti,, & b n ipfius b ¢ qué*

drans quinque; erit b s quatuos eiufmodi’

nam vt 24, ad 2o0.ita 5. ad 4. ‘ .
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“Rurfus quoniam pun&um z in ifto cafu
dinidit bifaram fermdiametrum b c; {patia
A zquiponderans cylindraceo q ¢ A li-
i ex b fufpensa , brachio ba, erit paral-
lelepipedum cuivs altitudo ¢ g, & bafis re-
Gangulum, fub quarta parte diametri aic &
{ub {emilatere trianguli @quicrutis inferi-
Pti circulo.c ry ex corallario tertio vigefis
Wz quintie libryquartiaiioze. 15

" Rurfus quoniam vt bi re®a ad b c; dta
eft 1 quadtans reétz ¢ qadix; biantem
adbeeft vE.quinariusadquaternarium erit
Ix quatuorscuiufmodiish quinque, & cu-
Wfmodi ¢ q.ipfius 14 quadeupla vigint§
troo redaétione ad minimos numeros: fas
&a eriti'x velov ad ciqvrunitas ad qui-
narium: ergo B fpatium cylindraceoc rez
@quiponderas libra fufpensaex b, brachio
b a,elt ex vigefima quinta;landata: paral-
lelepipedum cuius bafis eadém qua parals
{elepipeds gquantis fpatium A 1am putati;
& altitudo ¢ ¥ quinta parsipliuscq:’ ergo
Parallelepipedum cuius bafis fit 1amme=
Moyata , altitudo fex quinta! partes altiti-

lnis c q.,  zquale clt; duobus fimuliA
Przterea quoniam in triapgulo aifla-
'€ | g zquidiftatc d 5 vtacadc i, ita erit
Adad dgfivead cq: fed agadci cftve
%o ad vaum : ergo ad re@a ad c qeft ve:
%0 ad vnum;vel vt quadraginta ad quir=
Que,& ad conflatum ex ¢ q; ¢ v~ quadra-

35.fep-
t1 Euc.
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gintaad fex: ergo. parallelepipedum cui
bafis anté¢ memarata , & altitudo fex qua
dragelimz partesre@tx a d zquale eft duo’
bus fimul{panis A & B, Rurfus quia V¢
40.ad 6.ita cft quadrans fiue quadragint®
centelimz-fexagefimz ad fex centefimas®
{exagefimas : parallelepipedum, cuius alti*
tudo ficre@ta d a, & bafis diametri a c {¢5
centelimz-fexagefime, zquale eft paralle
pipedo cuius bafis fir re@tangulum . fub

quadrante diametri a ¢ & femilatere trian® (
guli zquilatericirculo c 1 inferipti altity” |

do vero fitfex quadragefimz partes altity”

dinis a djctim bafes & altitudines recipro’
centur,

Quoniam igitur duo fimul fpatia A &P
~ Zquant parallelepipedum cuius- altirudo

fitda, & bafis re@angulum fub femilatert ‘

trianguli infcriptifuperius memorati & ful
fex centefimis~ fexagefimis diametri a¢
comprehenfum; fpatio autem D zquale¢

cx{cholio ‘vndecima  parallelepipedurt
ciufdem altitudinis d a, & bafeos Zquantt
reGtangulam fub femilatere memorato &
fubribus fexagefimis quartis diametri 2 ¢
magnitudo ex tribus A, B, D conflata er¥f
parallelepipedum altitudinisa d, & bafeo
Zquantis re@angulum fub femilatere me*
morato & fub viginti {eptem partibus,ct”
1ufmodi indiametro funt centum fexagin”
ta inuicem zquales, Cum igitur ex citath
duodecimi inifto caf magnitudo ex 16’

i
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us | Bus A, B, D compofita zquet fpatiii quod
4« | Cunei medii nio portioni z A qc xqui~
0* | Ponderat; iftud effe demonftrauimus,quod
vb [ Propofitum fuerat primo loco,

! Secundo iifdem manentibus
% Pun&tum z congruat centro b,
¢ Oftendendum eft portioni zaqc
»  (quzinhoccafy eadem eft quz
v | buqc) cunci medij nio zqui-
'~ Ponderans librd ex s {ufpensd,
brachio zquate femidiametrum,
b perpendiculos t, effe zquale pa-
rallelepipedo cuius altitudo da
b | & bafis fic quadrati b ¢ feptem

i Vigefimz partes.

#  Spatium A zquiponderans cylindraceo
s 9caulibra ex b fufpenfd , brachiobaeft
¢ X vigefima quinta libri quarti parallele-
Pipedum altitudinis ¢ q» & baféos gquan-
¢  Usduos trientes quadrati b c. Similirer B
s {patium cylindraceo ¢ ve z zquiponderans
R parallelepidedum eiufdem bafeos & al-
Utudo ¢ v quinta parsipfius c q : ergo pa-
Tllelepipedum cuius bafis fit iam memo-
i | Ty dgo rrientes, & altirudo fex quinte
Pattes altitudinis ¢ q ¢quale eft duobus fi-

A
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mul A & B: ergo vt in precedents caft
patallelepipedumn cuius bafis fit duo 1am -
dicti trientes & alutudo fex quadragelim¢.

partes reéte ad,zquale cft duobus imulA
& B.Przterea quia vt 40.ad 6, ita eft bes
fuc 40.fexagefimz ad 6. fexagefimas , pa”
rallelcpipedum, cuiusaltitudo fitd a, &
bafis quadratib ¢ fex fexagefime fiue vna
decima, zquale eft parallelepipedo cuius
bafis fit duo trientesquadrati be, & altitu-

dofex quadragefimz partes reftz a d,cum

bafes & zltitudines reciprocentur,

Quoniam igitur duo fimul fpatia A& B |

Zquant ‘parallclepipedum cuius altitudo
a d,bafis fex fexagelima quadrati bc: {pa-
tium autem D ex calculo primo primi co-
rollarii yndecim eft quadrans quadrati
b.c,hoceft quindecim fexagefimz ; {patin
ex tribus A, B, D compofitum erit llud
quod quarimus, videlicet parallelepipedit

\
[
\

cuius altitudo ad , & bafis viginti & yna |

{exagefima, fiue {eptem vigefimz quadrati
b ¢;quod fecundo erat oftendenduni,.. -

Prorosrngo XV,

Duodecimz propoﬁtionis

{chema,, quod inferuit primo &
fecundo ellipfeos cafui, renoce-

A
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n | Wryinedquebi,icfint @quales s ; i
¢ | fititem ac diamerer circuli, Pro- - |

s Pofitum fit primo , quando pun-
- Gumz primi casfis' congruit pun- 1
. &ob,dcfinire epilogifimo lineam o
s bs, &equiponderans porrioni - |

uicuneimedijnio, libri exs 1t
. lufpensd, brachio &quantefemi- |
3 | diametrum, bars
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Quoniamvibiad bé,itaeftbnad b

cum b1 fit femiffis rez b ¢, erit bn o

miffis re&z Bs S fed bneft quiadrans ¢ e

mudjamerei: b o;ergoibis €t - duo :quadiad’
tes,vekdimidium reft b c:exgo b s,b 4516
funt zquales, ..~ SRS

Rutius quonidm punétum zin ifto-cal
congrait; centro:b;; & conditiim  xz 7
conditoubl, {patium’A Equiponderas®
eylindtacto i p &, libra cx b fufpenfd’
perpertdicule’ bu & brachiobal, erit ¢
vigefima quinta libri anterioris:parallelé”
pipedum cuius altitudo i p cadem que ¢f*
lindracei ipua , & bafis zquet fpativ®
quod ex a zquiponderar,

Przterca quoniam libra ex b fufpenf® |
perpendiculo b u,brachio b a,zquipond® |

rans femicirculo inter condi@tau bl, vl
interpofito zquiponderat ex decima 0@
ua tertij re€tangulum f{ub femidiamerro b

& fub duobus trientibus ipfius b ¢, vel vo¥ |

triente diametriac ; {i ifte triens mutes?
in quadrantem , femidiameter mutabitur1®

duos trientes giufdemrdiametri, vt ex ref
_procatione gignatur 2qualitas;ergo ijde?

manentibus re®angulum fub quadran®
diametiia ¢ , & fub ducbus trientibus if’
fins zquiponderat femicirculo iam diét%"
fed ijfdem pofitis fegmento inter condi’,

gz ¥ ; SR 3
pir, ¥ ¢ zquiponderat, ex decima no? |

ciafdem tertijlibri, re@angulum fub?
quadrante diametri ac & fub i r femnilate”
trianguli Zquicruris inferipti; ergo reftd”

B R ng s fep ek e gt Y Su e ik

Ll - I B T B I Y
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- Bulum fub codem quadrante; & {ub excefe
| fuquo duo trientes diametri a ¢ fuperant
| ¢miflern difi lateris zquiponderat por=
* Uoni circuliinterceptz condictis u b Lpir
(¢infimodi exceflus vocetur apotome nota :
Q@ enimapotome quam definit Euclides )
120 ex corollario tertiz fpatium A cylin-
taceo ip #A xquiponderans librd ex b
Wfpensd, perpendiculo b u, brachidque ba,
&t parallelepipedum cuiusaltitudo pivel
€q, bafis fit re@angulum contentum {ub
¢miffedicti lateris & fub apotome notj,
. Rurfusiquoniam vt bire@aad be, ita
eft i) quadransrez c qad i x: biautem
R femiffisre@z b ¢ , eriti+d {emiffis reéte
1 %;& Ip-quadrupla reétae i<} ent dupla re-
Gz 1xeft ergo B parallelepipedum cuius
afis fitre@angulum fub femilatere dicto
. % fubmord apotome contentum, altitudo
| it femiffis recte ip. Przterea quoniam in
- Mangulo a cdlateri ¢ d zquidiltar i@ ve
- 3cadciita erita dad d & fiue adip:fed
¢ad ci,eft v quaternarius ad vnitatem;
“'%0ad ad i p.eft vtiquaternariusad vni-
Wtem; ergoa d adix dimidium re@z ip
- vt oftonarius ad vnitatem: ergo re@ta
2d eftad compofitam ex i x,i p, vtofto-
{ Mariys ad ternarium;ergo duo fpatia A & B
| “um habeant eandem bafim , ideoque =-
- ent parallelepipedum eiufdem bafeos,&
- Utieudinis compofitz ex altitunibus ip,
%3 xqualia funt parallelepipedo: cuius
Pipe

74 de-
cimt
Euc,
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bafisfit reangulum fub femilatere dif? |
& fub nota apotome comprehenfum; alt”* |
tudo fictees oftauz partes re@t adscui pA* |
rallelepipedo propter: bafium & lateru®
reciprocationem zquale eft aliud cui?’ |

- altitudo fira d,&bafis re&angulum fub 00’

. ub Lequiponderans librd ex n fufpcnsﬁi

15.(exr;
Euc.

td apotome & fub tribus decimis fextis 14
teris tuanguli zquilateri circulo inferipti *
vel fub femilatere codem & fub apotem¢’
note tribus o&auis, ;
Rurfus quoniam cunei noti fecu ndt |
a c dportioni interceptg condiéis gc ¥ |
# z 7 quod in ifto cafu congruit condi&t? |

brachio =quante femidiametrum cft ¢*
vndecimz corollarii primi epilogifmo pri
mo parallelepipedum cuius altitudo d#
bafis fit quadrans quadrati b e, hoceft 1 |
&angulum fub diametria c, tribus fexag?
fimis quartis & fub quartuor tricntib?’
eiufdem diametri ; ifta enim zqualitas ¢*
! Jaterum reaiprocatione fequitur : ex {cho;
lio vero eiufdem zquiponderans portio?
jacentitnter condi@td p ir, g ¢ peft zqud
parallelepipedo cuius altitudo ad & bal
re@angulum f{ab femilatere difto &
tribus fexagefimis quartisdiametri ac¢” |
prehenfum ; differentia iftorum zquipo?
derantium eadem altitudined a pracditof";
videlicet parallelepipedum ,altitudinisvd‘
&bafcos zquantis re@tangulum fub di* |
wetri tribus fexagefimis quartis & ¥ ’

g

e
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exceflu quo quatuor .diametri a ¢ trientes
fuperant femilatus. trianguli zquilateri in-
{eripti eritfpatium' D zquiponderans por=

" Yonig pizcunetfecundia cdnoti, -~ Di-

" Qus porro excefsus compofitus eff ex duo-

us trientibus diametri a ¢,& exapotome
Nota,vt apertumeft. :
Quoniam ergo ex przfcripto duodeci-
M2 pro primo cafu vt habeatur ®quipon-
derans cunei medii,de fpatio D deduci dc-
bentduo fimul A & B;cim D fit vt often~
dimus parallelepipedum cuius ‘altjtudo

- ad,& bafis retangulum fubtribus fexage-

{imis quartis diametria ¢, fubque compo-
N e . - .
fitd ex duobus diametri trientibus & ex

- 3potome nota comprchenfum:ergoexcef-
~ {us quo iftud reétangulum fuperat re&an-

e e e e

gulum fubapotome notd & fub tribus de-
cimis fextis lateris trianguli memorati ; eft

afis parallelepipedi eadem altitudine ad
Praditi,quod 2quiponderet cuneo medio

tu,librd ex s fufpensd, brashio zquante
lemidjametrum ab,& perpendiculost: er=
80 defininimus id quod definiendum fuit

Primo laco. -

Propofitumfecundo fic quan-

: :
do, vt in {ecundo cafu laudatz
Propofitionis duodecime , fuf-

- Penditur portio qic cunei me-

dij t1s intercepta condiétis p ir,
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q c¢ determinare, calculo zqui* |
ponderans di¢tz  portioni qicy |
librd ex s fufpensd , reliquifque |
manentibus , quz inprzcedent! |

cafu pofira funt.

Spatium A zquiponderans cylindrace?
q ¢ p 1,librd ex b{ufpens®, perpendiculo
b u,brachio b a, eft parallelepipedum cu®
1us altitudo i p,bafis fit re€tangulum con®
teatum {ub femifle lateris trianguli zqui¢ |
lateri circulo cl inferipti, 8 fub diamettt |
a ¢ quadrante, ex vigefima 2quint libt
quarti corollario tertio,

Rurfus quoniam vt in fuperiore caf$
oftenfum eftix eft dimidinm re@tz i p?
ergo B {patium cylindraceo cvxi zqut® |
ponderans,libra ex b{ufpensa,brachio b4 |
elt ex vigelima quinta laudate, parallelé
pipedum cuius bafis fit re@angalum ia®
memoratum, & altitudo dimidium altitt
dinis i p : ergo parallelepipedum cuinsb?’
fis fit re@angulum iam memoratum, & al
titudo tres femiffes altitudinisip , =qualf

eft ducbusfimul A &B.  Quoniam vetd
in precedenti cafu oflendimus, reétam 2

efle ad compofitam exip,ix vel ad tr¢*
femifles ipfins i p, vt elt oftonarips ad t€£°
narium+ erga parallelepipedum uius ba 1
thit re€tangolum iam men1oratum,éltitud‘z
res oftauz partes reie a d,zquale eft du?
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j bus fpatijs A, B : iftivero parallelepipedo
. Propter reciprocationem bafium & altitu-
| dipum =zquale eft aliud cuins aktitdo

ad, bafisfic reangulum fub quadrante
diametri & fub tribus decimis fextis lateris
infcriptiiam (Zpe. memorati: vel fub tri-
us tricefimis fecundis diametri a ¢ & fub
femilatere di€ko, -~ - =
Quoniam igitur ex prafcripto duode=
cimz pro fecundo cafu, vt obtingatur 2 qui=
pomrderans cuneimedij, de aggregato ex
{patiis A, B fubducidebet (patium D,clin
agoregatum illudfit parallelepipedum cu-
iusalutudoad, bafis fitreGangulum {ub
difto femilatere & fub teibus decimis fextis
vel duodecim {exagefimis quartis diametri
a ¢ ; {fpatium vero D fit parallelepipedum
ciu{dem altitudinis 5 culus bafis fit reétan-
eulum fub dicto femilatere & fub tribus
fexcagefimis quartis eiufdem diametri ac;
perata fubduétione refidunm fiet paralle-
Iepipedum altitudinis a d, & bafeos #qua-
tis reGtangulum fub dicto femilatere & fub
houem partibus, cuiufmod: diametrum
metjuntur fexaginta quatuor; quod fecuns
dd erat faciendum,
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PRopos;no XVE &

Inuenire & calculo eolligere
zqualitem inter duo quaedam
 {patia folida multim infervien-

tem ad quadrandum  circu-
lum.
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Sitvtin decima tertid-femicirculus lem'
bafis cylindracei defcripti mmotu parallele
adreftam n q: ipfa autemn q fit ad diame-
trum ac perpendicularis; fititem b centra
circulis& bu,b ¢ fint fingillatim dimidium
femidiametri;b n verd & ¢ 'o quadrans ;x b
autem quinta cinfdemn femidiametri pars.
Per a,e,x,b,u,c,0, duftz fint ad n qparal-
lelzadse psxr,bhyufies,01. Inre&iuf
fumptum fit quoduis punétom f, & per il-
lud du@tz ex punlisn &o re&¢nf, of
occurrctes reétis b h,c s,0sn.g,a d iny, b,
t,5,1,qsd.Redtis y hst sablaiflz fint 2quales
b x,cz,& iunfte fintu kyu z reftz. '
Erunt igitur ex definitionibus in deci-
ma tertid traditis cunein 0 g,0 n i, copiu<
gatt 5 collaterales primi erunty fh, tfss
_ collateralesfecidi bu x,cu z: folidi byfic
pars byfu vocetur interior, & c u f t exte~
rior,ipsiiq; byftc dicatur faftigiatn, Simili
tercoiugatoril cuneorii interior dicatur oni,
cxterior n o q: & collaterialiftinteriof y £ b

. exterior t £'5. Apertiteft cunei coiugati in-

“terni ¢ n s portionem by s cinterceptam
condictis hb l.s caefle 2qualem’ faftigia~
ti folidi portioni internze by fu 5 externg
ctfu,& collateralium externo t fs: fimili-
ter cunei coniugati externi n 0 q portiong
¢ thbefle zqualem faftigiati folidi por-
tioni internze by fusesiternze ¢t fu, & col-
lateralium interno y fh, -

Rurfus quoniam vt buad b c.ita e_ﬁ bn
adbe: filibra intelligatur fufpendi exe
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perpendiculo ¢ p, brachio zquante femi-
diametrum, obtinebitur zquiponderans
primis collateralibus y £h,t £5,vel fecun-
disb u k,c uf ex corollario tertio decimz=
testig; calculus verd veriufque habetur in
proximeantecedenti propofitione ; voce-
tur S, :

Rurfus quoniam b eft quinta pars fe-
midiametri b ¢, filibraex x fufpendatur
habebitur per duodecimam zquiponde-
rans cunei medij % or portionib ¢ t h(hoc
efttribus b u fy,c u fr,y £h)& cius calcy-
lus eft in decime quarta parte alterd ; voc-
tur A, Pregterea cumb x fit quatuor& b e
decem,cuinfmodi b c viginti,erit b c adx ¢
vt vigintiad fex, vel decemad tria: ergo fi
perpendiculum x r muteturin ¢ p, & librz
{ufpenfio transferatur ex pun@o x in e, re-
liquis nihil mutatis , 2quiponderans por-
tioni bc th (hoc efttribusbu fy,c u ft,
y £h ) erit illud ipfum quod in prim3 fuf-
penfione auctum tribus decimis partibus
portionis b c th , ex decimi fecundi li-
bri.

Rurfus quoniam fi per c intelligatur
duci refa c£ parallela re@z o f, ideaque
conftituens angulum £ ¢ n zqualem an-
gulocn sycuncic ns, n c £ funt coniuga-
ti;ergo per decimam quartam quod zqui-
ponderatcunco bc £ librd ex n fufpens,
xquiponderabit quoque cuneob y {c li*
brd ex ¢ fufpensi:crgo cim illud zquipon-




S
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derans fupputatum;fit initio corollarirpsis
mi vadecima , - conftat. quoque calculus
tius vocetur B, Pratercacum ce fit tri-
ginta cuiufmodi b c viginti,fi perpendica:
lum ¢ smuteturin e p , & fufpentio prima
¢xcinfecundamex e ,.. brachiumquead
partes a conuertatur, ex nona libri fecundi.
apertum_fit quiponderans fecundz {uf-
penlionis effe tres femifles porrionis b y-fc
(boceft riumbufy, cufr,tfs) immi-
nutas  zquiponderante - B iam com-~
putato pro prima {ufpenfione, 7

Rutfus quoniam libra ex e fufpensa fpa-
tium zquiponderans duobus fimul cuncis
coniugatisby f ¢, c th b iam eft compu-
tatum , videlicet A ¢quiponderans, cuius
C”"klllus ¢ft in decimz quartz propofitio=
1is parte altera, auctum quidem fex vige-

{imis portionis b ¢ t hyfiue trium bu fyer
cuft,yfh; & trigintavigelimis portionis

b y £ c,vel triumb ufycufr,tfs; immi-
nutum vero B zquiponderante, cuius cal=
culys extat initio corollarii primi vodeci=
ma:fi ex ifto. 2quiponderante deducatur
fpatium S xquiponderans cuneis laterali-
busy fh,t £5 cuiusepilogifmus eft inde~

cima quintd , relinquetur zquiponderans,

faftigiatz figurze b y fo bis fumptz, illadgs.

erit parallelepipedum , A- cuius calculus
eft in decimz quartz huius parte altera,
au&tum quidem fex vigefimis tri bufy,
cuft, yfh, & tigintavigefimis trium

¥
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bufy,cuft, tf s;imminutum vero paral-
lelepipedo B,cuius calcul®extat initio co=
rollarii primi vndecima, & parallelepipe-
dis duobus S quorum calculuseft in deci-
ma quintd, Iftud ¢quiponderans jta colle-

&um vocetur primum fafligiati equiponde~ .

pans,
Ad fpatium-zquiponderans fecundum
inueftigandum tranfco. Quoniam b x cft
quinta pars femidiametri , fi libra fufpen-
daturexpun&o x , perpendiculo xr, bra=
chio zquante femidiametrum, cognitum
crit equiponderans C(ita enim appelletur)
portioni ctfu exteriori faftigiati folidi
byfrc, cim eius epilogifimus extet in
prima parte decimz quartz propofitionis:
crgo, vt paulo fuperius ditum fuit, fi per-
pendiculumx r mutetur in e p,&librz fuf
penfio exx transferaturin e , 2quiponde-
rans pro ifta fecunda fufpenfione erit illud
ipfum quod in prim2 , auétum rtamen fex
vigefimis portionis exterrzc t fu, _
Rurfus quoniam, ficut antea oftendimus,
quod 2quiponderat portioni u# £ b fecun-
dibc £ cancinoti librd ex n fufpens , -
quipdderat quoq;libra ex c fufpensa,cunei
illi coniugaticn s portioni b y fu,quz ctia
eft portio interna folidi faftigiati by £t ¢’
cum illud putatum it {ub finem primz
partis in propofitione decima quintd, notii
quoque & putatum erit zquiponderans
portioni by fuinterna faftigiau b y ft c,
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libri ex ¢ fufpensa ; ergo fi fulpenfio ex ¢
transferatur in ¢, portoni internz by fu
faftigiati b y f t czquiponderabunt trigin-
ta vigefima,vel tres femifles portionis in-
terne by fu imminutz parallelepipedoD,
ita emim vocetur id cuius cpilogifmus
extat fub finem prima partis demonftratz
indecima quinta. ;
uoniam ergo faftigiatum folidumbyfic
conftat duabus by f u,c t fu partibus ; z-
quiponderans toti faftigiato bis vt iacet
{fumpto zquiponderabit quoque portioni
internz y bu(bis vt iacet pofitz, & por-
fioni-externz ¢ t f ubisiter vt iacet fum-
pix: fed iam putduimus zquiponderans
Vvirique portioni internx & externz : ergo
libra exe fufpensd; perpendiculo ep, bra-
chio =quante femidiametrum , faftigiato
by ft ¢ bis fumpto zquiponderatduplum
parallelepipedi C putati in prima parte
decimz quartz , au@tum duodecim vigefi-
mis portionis externx ¢ tf u, & fexaginta
vigefimis portionis internz b y f u,immi=

" nutum verd duplo parallelepipedi D, cutus

epilogifmus habetut {ub finem prima par-
tis demonftratz in propofitione decima
quinta, ffud Yeco [ecundum fafigiats aquia
ponderans,

uoniam igitar ¢qualia funt primum &
fecundum faftigiati zquiponderans, fi ad
veramque addantur B, D, S;& ab vtroque
fubducantur internz portionis b u fy tri-
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ginta{ex vigelimes & externz. cuft pot?
tionis duodecim vigefima, conficietur vle
umazqualitas quelitainter duas magnitu-
- dines quarum
Prima componitur ex parallelepipedis

A,3S;ex duplo parallelepipedi D 5 ex fex
quinus (ideft viginti. quatuor vigefimis )
extern® cu fr,ex tribus femitfibus ( id eft
triginta vigefimis) externi collateralis,t f's
&ex fex vigefimis fiue tribus decimis in=
terni collateralisy £h, '

Secunda componitur ex duplo parallele=
pipedi Cyex paralclepipedo B, & ex fex
quintis internz portiomsb ufy: €rgo in«
uenta eft xqualitas propofita.

Quie quantum conducar ad tetragonifmum
circusli non multo poft patebit. Quod vers dixi
ex nond libri fecund; apertum effe offends po-
seft in hunc modum,ne alienius evrois hae -
tebra putetnr. 5i librd fufpensdex c,perpendicn=
do cs,brachium Jemidiametro aguale ‘mutetur
inbrackium zquale vetia ce s equiponderans
3t brachia vefpondens erit ad alind 2quiponde-
rans Vi e redta b cadec, hoc eVt teynarius
ad binarinm,ex oftand fecundi:fi ergo byachio
“quante vellamcee, fufpenfioes ¢ transferatur
15-e,¢0+ brackium obuertatir ad partes. a,e qui=
ponderans , ex nond fecundi, erit ipfa portio
cbys imminuta equiponderante quod bra-
chivm longius fibi Vindicanit librid ex ¢ [

rensizergo fi brachinm mutetur in femidis-
mettim &quiponderans ifti brachie. re[pondens

- ¢
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erit ex offaud fecundiad alindyeefice ad be
Vel V¢t sernarius ad binarium s ergo aquipon=
derans refpondens fifpenfioni ex e ; brachio -
quante femidiamesrum, eft tves femiffes [ufpen(s
chy s dedutto equiponderante quod libva fuf-
pensa ex ¢ competit . brachio £quanti femidia=
metrums, : {

~.«Prorosrrio XVL

Inuenire & calculo colligere

-zqualitatem inter'duo quzdam

fpatia plana proxime conducen-
tem ad circuli quadraturam. -

700 7 R o 7 iy
L :
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Retento codem diagrammate, exdiametrs
a.cabfcindaturn > zqualis femidiametro
bes& per 7 agatur 7 @ zquidiflans refre
n q,& occurrensre&txniin g, Imc}ligatur
per 8 duci planum equidiftans planelcm,
cuius cum cylindracea fuperficie commu.
nis fetio fit bafis cylindracei oppofita bafi
Ic m.: Siergo hibrz brachium ponatur z-
quale reétzn 7, & cius fufpenfio fiat ex n,
perpendiculon O.¢quiponderans cylindra-
ceo altttudinis 7z 8'& bafeosinter condifta
hbl,fu uinterceptz s hoc eft bafeos quz -
portioniinternz bu fy competit, erit per
corollarium quintum decimz terti® 2qua= |
le portioni by £ ucunei coniugatiin 0: & |
fierldem portioni internz b y fu fiat zqua- .
le parallelrpipedum G E cuins _altitudo
EE zquet re@tam 7 8,bafis G Ferit ex co- |
dem corollario wqualis fpatio quod 1ibra |
ex nfufpensd,iifdem pofitis, zquiponderat
bafi portionis fafligiati internz, quam ba- 1
fim perfoliub partem diametri illi com= 1
petenté defigno, vi mints crebrz incurrang t
linex, magifque perfpicua euadat figura;
~—quod in aliis etiam bafibus dcfignandi 3
- praftabo,qua de re volui monitum Le&o= 1
. rem noftrum, Sey igitur quintz parallele. ¢
pipedi G E retinentes eandem alritudinem ¥
F E habebunt bafim zqualem ‘fex quintis
- partibus fpatii,quod. bafi internz u.b cqui- ¢
ponderatiifdem manentibus. o - ¥
~ Similiterex eadem diametroa c auferri {
R intelli-
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1etro i0tellige o & femidiametro 2qualem, & per
etro 94gi &+ 2quidiftantem re@zn q, & con-
eétz Ucnientem cumre@a of ind. Quoniam
atur triangulin fo bafis no bifariam fecatur 4
cm, petpendicularifu exangulo fad iplam de~
mu- Mmifsa,eriit tridgulan u f,vo f zquilatera; &

bafi =quiangula ; ergo anguli ad n & o funt -
r - quales jergoreéte 7 £, & funt zquales;
xn, €rgo planum per & parallelum bafi 1cm
dra- tranfic per.Sicutigitur in cuneolinterno,
Jifta itainexterno n od oftenditur, libra ex o
quz {ulpensa,perpendicalo o1, brachio zquan-
t per té femidiametrum,2quiponderans bafi u ¢
qua= portionis faltigiati externg ctfu efle equale
0: & parallelepipeds L H bafi L I :ipfum auté
qua= L Hpono efle xquale portioni externz
tudo cuft, & eiusaltiudinem I Hefle Zqua-
 eo- lemraltitudini &4 vel 78,Sex igitar quinte
ibra parallelepipedi L H conferuantes eandem
Jerag altitudinem I H habebunt bafim 2qualem
ba~ fexquintis partibus {patij quod bafi. exter-
om= n® U ¢ quiponderat librd exo fufpensi, &
rang reliquis manentibus, :
ura; Pretercare®ta u k produ@a ocurrat reéiis
ndis 0q, € P1nx, p; quoniam trianguli u n %
&o= bafiny zquidiftatb k , ficutunadbu, ita
ele. et nyad b k:eftergo n yad bx vt terna-
nem Fiusad binavium, Rurfus quoniam trianguli
ntjs €1 s lateri ¢ s zquidiftantby, u f, tees re-
ui- && cs, uf,by erunt proportionales tribus
nc,nu,nb; ergo tres re&x cs,uf, by
ferri Tuntve quinarius,ternarius voitas: ergo by

i~ ' Qq
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eft quinta parsreétz cs velb b ; €rgo cum
bhiwe cs fit ad u fve decem ad fexc, yh
fiue b k er1rad ufve ofto ad fex : quia ve-
1o bxeltad ny vt binarius ad ternarium,
fiac vt'oftoad duodecim, erit nyadufye
duodecimad fex ; eft ergon x dupla reétz
u f: ergo cum triangula n u f, n 7 8 fint ins
uicem limilia; fintqueitem inuicem fimilia |
uny,ucp, & lateraue,nxfint xqualia,
erite pdupla re@z 7 £: eadem vero de cau-
safi per cagatur cw zquidiftans rectzu Ps
& occurrés reétza din w, cuiin d occurrag |
- € £re®aa o eritdupla re@ta ad, ko
Quoniam ergo rectaun zquat femidia-
metrum, {1 per p ducatur planum bafi 1¢ m
parallelii,cylindraceo cui® bafis fit b uialti
tudo’p ¢;2quipoderar,librd fufpens ex sy
perpédiculouf,brachio ¢quite femidiame-
tri, fpatii zquale parti buk cuneinu x &
illud fpatium fic parallelepipedum M Q
cuiusaltitudo N O zquet re@tam p e; bafis
G F; erit vt pater éx jain demonftratis,
fpatium quod Librd ex ¢ fufpensd, reliquis
lifdent pofitis 2quiponderat bafi b u,colla -
teralis & interni cuneibu k: fex 1ZITUE Vie
gefimz' cunei interni collateralis fiue pa-
rallelepipedi M. O retinentes eandem alti=
tudinem N O habebunt bafim zqualem
fex vig}éﬁmis pattibus fpatii, quedbafi ub
interni collateralis ‘zquiponderat . itfdem
manentibitsilibra feilicer fulpésa ex u,&e,

Quod fi parallelepipedum cuius altitudo

J
:\'Q!
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NO vel p ¢;bafis fit fex memoratz uigefi-
me mutetur in aliud zquale cuiusalsitudo
fitrp quz cft, v oftendimus, dimidiym

altitudinis p ¢ ; bafis mutabitur reciproca 3, un-
tionis lege in duodecim vigefimas fpatis dec.
quod bafi u b,iifdem mancmibus,xqujPon. Euc.

derar, ,

Eodem prorfus padto oftendetur £ colfa-
terali externo fecundo cuz fiar zquale
Parallelepipedum P R cuiusalritudo QR
Fquetalutudinem e p; bafiu ¢ externz, i«
bti ex y fufpensa, pofitifque reliquis quz
Proxime fuperus, Zquiponderare {patium
*quale bafiP Q : & triginta vigefimas cu=

Dei externi collateralis fiue parallelepipedj

R retinentes eandem altitudinem Q R
habere bafim zqualem triginta vigefimis
partibus fpatii quod bafi uc extern; colla~
teralis zquiponderat : & denique fi paral-
lelepipedum cuius altitudo QR velpe,

afisfie wiginta vigefima memoratz
tetur in aljud Zquale cuiusaltitndo ficr g,
afis murabitur in {exaginta vigefimas (pa-
U quod bafiu ¢ jifdem manentibus zqui-

. Penderae, : ;
: Rurfys quoniam u p-, produta occurrit
¥

L cwing; cam lateri cy triangulienc
€quidifier p;vteuadec,itaerite paden,
OC eft vt binarjusad ternarium: eademque

' de PR i
€aUsA ¢fim in triangulo ca w lateri a

*qUidiftet e n, vte cad a ¢, hoc eft; vt ter-
T4tius ad quaternarium ita critenadaw:

s
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ergoex xquo ve euad ac, hoc eft vt vni-
tas sad binartum,itacp ada o; fedita etjam
oftendimuseflere€tam a d ad aw.ergo reéte
‘ad,ep funt zquales,

Preterea quoniam parallelepipeda A,B,
C, D, altitudinem =qualem reétz a d ha-
bent , ipfaveroa d, vt pote zqualisreéta

e p,cft dupla almudmxs 78: M1 parallclepl-
peda A, B,C,D, mutentur in ®quiualentia
quorum almudo (it B, bafiserit dupla ba-
feos ipforum A, B;C,D.

Item quoniam palﬂ“(lfplpﬁda Shabcnt
altitudinem zqualem reétzaw, ipfa vero
aw clt quadrupla re@z = g fiparallelepipe=
da S mutentur in zquiualcntia,quomm al=
titudo fit 78, bafis cmquadrupla bafeosip-
forum S,

Quoniam igitur! parallelepipeda quz
inter {e {funt xquaha fi eadem altitudine

fint. pr:edna Habent bafes interfe 2quales, -
€x trweﬁm'\ vndecimi libriz Euclidis con-:

o
uersa apud Clanium;compofire autem ma-

gonitudines folidz ; quas zquales effe often- -

dimus in praecedenti ; redadte: {untin pro-

pofitione prafenti ad eandem altitudinem |

7B, ergo earurt bafes {unt inuicem: xqua-
les: ergo inuentz funt duz planz magnitu=
dines inuicem zquales, quarum,

-Prima componitur primo ex; duplo: bafis:
parallelepipedi Auj fecund o ex: quadruplos
bafis parallelepipedi D ; tertio ex fei quin-.
tis , vel viginti quatuor vigefimis: {patits
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quod externz bafi uc zquiponderat , libra
exo fulpensa, perpendiculoo 1, brachio
zquante femidiametrum; quarto ex fex fe-
muifibus , * vel {exaginta vigefimis {patii
quod externzeidem bafi u ¢ ®quiponde-
rat Libra {ulpensa ex u, perpendiculo uf,
brachiéquecodem ; quinto ex tribus quin=
tis,vel duodecim vagefimis fpatiiquod in-
terng bafi b u zquipoaderat libra fulpensa
ex u, reliquifque, vtiam_diximus:poﬁus.
Hac ﬂidg’lﬂ.fﬂdﬂ Yoceinr Pr]mﬂs ffrﬂ?iﬂli! L=
qualitatis notg. -

Secunda compenitur primo ex quadru-
plo bafis parallelepipedi C; fecundo ex du«
plo bafis parallelepipedi B ; tertio ex qua=
druplo bafium parallelepipedorum S;quar=
to ex fex quintis, vel vigintl quatgor vi-
grﬁmis v fpam (]U.Od intcrn;g baﬁb u xquj_
pondcmt llbl‘a fufpensﬁ €X 11, perpendic.u!o
n q,bré‘chio'que {emidiametrum equante,
Hec magnitudo appelletur fecundus rerminus
igzm[itan's nokgs

SCH OLIVM.

Prafintem aquationems diu exiffimaut now
folum Verm effe (iffud enim adhuc perfua-
“m habeo 3 ﬁd etiam redici ad terminos duos
qitorum )m”faret'ﬁatium veltilinenm notum,
4lter‘(ggm,nmm cifeuli datum s re tamen per
Rimeros d,'[,'gmtiigg examenata comperi
Wrum_iue terminnm poft Jufficientem froﬁbJ:
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Phareticam (Vi folet in Algebrd)caftigationem
reunocars ad purum [patinm veltilinesm ; d4c
proinde necdum itainuentam effe a nobis gua-
draturans cirenli, V4 pihil amplius defideretuy,
&~ inquivendum reflet. Nobis tam auio tamqne
molefta itinere fatigatis nunc [atis effo nibil
in fronte Operispromitti, guod cumulate adin-
*ante Deo mon prafliterimus. Huius libri
guints initio fperaus fore vt dffequerer fugien- , -
semp Tetragonifmum i i tamen enm comprehen -
dere ¢o- vetinere non Valuiadbue , nibil dubite
quin alignamnec provfus contemnendam ex eiuns
apprehensd Vefie laciniam in manibus meis re=
manfiffe iudicesur ab aguo cbenenolo LeFore.

<
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